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Abstract

This thesis addresses the semi leptonic decay process of Λb → Λ(→ Nπ)l+l− using Λb as
unpolarized baryon. The hamiltonian for the decay is derived using the framework of Operator
Product Expansion (OPE) that splits the problem into short- and long-distance physics. The
Standard Model (SM) operator basis are utilized along with the chirality flipped basis, which are
relevant for the contribution to physics beyond the Standard Model. The four fold differential
decay distribution is expressed in term of the ten angular observables. The short-distance
physics is defined by Wilson coefficients, which are computed within the SM using perturbative
Quantum Chromodynamics (QCD) using loop diagrams, whereas long-distance physics requires
matrix elements of the local operators, which are derived using non-perturbative QCD methods,
particularly lattice QCD.
We obtain the four-fold differential decay width for the process in two steps: first, by analyzing
the Λb → Λl+l− transition, and then by studying the Λ(→ Nπ) decay. This hadronic matrix
elements for Λb → Λ and Λ → N transition are defined in the helicity basis and they are written
in terms of the hadronic form factors. For the later part of the decay process two independent
hadronic form factors appear while for the former part of the decay ten independent form factor
appear. For numerical analysis the values of the form factors are taken from the lattice QCD
predictions. The new physics Wilson coefficients information is collected from current literature
and the data is taken from the global fit analysis with best fit values for the vector and the
axial vector scenarios of the Wilson coefficients. Finally, we predict various observables for the
decay channel in both the Standard Model and the two new physics scenarios along with their
comparison with the experimental predictions.
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Chapter 1

Introduction

The field of particle physics is study of basic elements of matter and the forces that interacts
with them. By explaining the behavior of the fundamental particles of matter, this field of
physics aims to provide answers to puzzles concerning the nature of the universe. The goal
of particle physicists is to identify new particles and categorize them according to their char-
acteristics. This field focus on the fundamental makeup of matter and their forces that deals
with their interaction. It offers insights into the cosmos immediately following the Big Bang.
Particle physics has played a crucial role in advancing our comprehension of the cosmos and
its fundamental building blocks. It led physicist to the discovery of previously unknown sub
atomic particles, and confirmed their validity by field theories.
Every concept we study in physics is basically a field theory. Simply stated effective field theo-
ries are quantum field theories that work upto a certain energy scale. EFT explanation may be
required for a physical system if a more basic theory is absent. Sometimes it is very challenging
to derive precise or even close predictions from an EFT for instant when it is highly coupled.
Under these circumstances, weakly coupled EFTs can offer a more practical explanation of the
same physical system. Overall, EFTs can be a useful framework even in situations where they
are not necessary. EFTs significantly reduce computational difficulty by focusing on the vital
degrees of freedom. By considering only the required degree of freedom it is possible for new
symmetries to become apparent. In EFT the physics is divided into two parts: first, which
depends on the physics we are ignoring, and second is the actual EFT calculation, which deals
with the degrees of freedom we are concerned with.
Standard model of particle physics is an efficient framework to describe nature of particle and
their interactions. Coming from an EFT approach standard model also work upto some energy
scale. This means that SM is a right theory upto at least weak energy scale. This scale means
that the energy is directly probed by the human in large hadron collider experiment. Likewise,
SMEFT general structure are in particular the field, symmetry and interaction. An SMEFT is
used for one scale at a time for calculation to become convenient.
Beside the field theory approach, SM itself is a gauge theory that is based on the symmetry
group,

SU(3)C ⊗ SU(2)L ⊗U(1)Y. (1.1)

SU(3)C describes strong force with 8-massless gluon, weak force is represented by SU(2)L: with
three massive boson W±,Z0, and electromagnetic is represented by U(1)Y: with a massless
photon γ interaction. For the past thirty years the experimental prediction has been tested in
accordance with standard model theory. However, it is also considered that the SM is the tail
of a more complex and wide theory.
It is very important in the field of particle physics to brings exact match between what is pre-
dicted theoretically and what is actually observed in experiments. The standard model fails
to explain a variety of particle interactions, and their experimental result. We want to create
a more solid theoretical framework that is more closely resembles experimental results and we
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called the physics beyond the standard model. Various approaches are used to tackle the prob-
lem. For example, extension to standard model are made named as supper symmetric model,
Z ′ model, etc. Direct search is used to get any direct presence of particle in the large hadron
collider experiment. Another ways is the indirect search which investigate SM processes (like
FCNC decay transition) and examine the role of NP in them or the effects of heavier particles
can be observed. The main driving objective of our study is to exploring ”new physics” in
order to bring together theoretical and experimental findings. Our research tries to correct this
imbalance up to a certain limit [1].
Radiative and rare semi-leptonic decays within and beyond the Standard Model (SM) can be
studied through the decays of b → s (quark-level) transition. Dileptonic flavor-changing neu-
tral currents (FCNCs) decays like Λb → Λ(→ Nπ)l+l− are sensitive probes of NP beyond the
Standard Model (SM). The high energy effect can be appear in these FCNCs transition which
will change the amplitude from the standard model prediction. Measuring their decay rates
and angular distributions predictions of the SM and beyond it can be verified. Changes in the
rate or angular distributions from those predicted by the Standard Model (SM) might be signs
of the existence of New Physics beyond the Standard Model.
Aim of our study here is to describe the four fold angular distribution of Λb(u, d, b) → Λ(u, d, s)(→
Nπ) → l+l− [2] in the Standard model and effects of new physics in it. A model independent
analysis is used in our decay where the chirality flipped operator are used in NP effect from
the standard model part. The analysis also incorporated the wilson co-efficient information
from the global fit analysis. Since the standard model cannot consistently anticipate outcomes
that are consistent with experimental data, our goal is to get beyond it. The main goal of
adding New Physics ideas is to improve the correlation between our results and actual evi-
dence. The four-fold differential decay rate allows for the definition of a number of physical
observable that we measured by theoretical calculation. Quark level transition such as b → s
in Λb → Λ(→ Nπ)l+l− are thus considered as playing a vital rule to contribution of physics
beyond the standard model.
The CDF collaboration recently observed the decay of Λb → Λµ+µ− with a branching ratio of
order 10−6. In number of recent paper [2–13] SM and NP analysis of decay are presented.
The structure of this thesis consists of five main chapters that underlines the investigation of
Lambda b-decays. The chapter 2 presents the idea of Effective Field Theories (EFTs), basic
ingredients of EFTs, explains its importance in theoretical physics, especially for systems for
which a complete theory is either unknown or too complicated to understand. A thorough
examination of flavor dynamics in the Standard Model is given in this chapter, with particular
attention to the mechanisms underlying Flavor-Changing Neutral Currents (FCNCs) and how
they are represented in the Cabibbo-Kobayashi-Maskawa (CKM) matrix. It explores the CKM
mechanism. The formalism for the decay processes of heavy baryons is provided in chapter
3. The function of helicity amplitudes and the unique contributions of hadronic elements to
transitions are then discussed in this chapter. The numerical study of the Standard Model and
NP decay predictions is presented in chapter 4. It entails estimating observables that may be
contrasted with experimental data in order to offer a numerical evaluation of the theoretical
frameworks covered in earlier chapters. Summary of the thesis are outlined in chapter 5. Addi-
tional information on the kinematics involved in the decay processes, as well as the system, is
provided in the appendices A, B, C and D. Thorough analysis of the decay amplitude’s relation-
ship to partial decay rates is also included. These include particular frames of reference such
as the hadron and lepton rest frame. It also covers more ground in the leptonic and hadronic
portions of the decay, providing a fine-grained perspective on the distribution of final spin ori-
entations, bilinears, and spinor representations. The form factors and Wilson coefficients, which
are essential for the theoretical computations included in the thesis, are finally covered.
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Chapter 2

Theoretical Framework

This chapter discusses the primary notion of obtaining the Hamiltonian for decay and presents
the theoretical background of it. We begin by talking about EFTs and flavor in the standard
model. Next, we provide the idea of CKM matrices and explain why the GIM mechanism prevents
FCNCs from happening at the tree level. We provide the operator product expansion that allows
for the effective Hamiltonian to be derived.

2.1 Effective Field Theory

Nature is full of mysteries, most interesting fact is occurrences of phenomenon over a broad
range of energy, length, and time scales. However, particle physicists tend to think in terms of
energy scales. EFTs are basic quantum field theory that is based on the principal of quantum
mechanics, and special theory of relativity. In effective field theories experimentally determined
quantities and their uncertainty are computed. The key component used in EFTs is locality,
which allow us to separate the problem into different scales. This division help in the factor-
ization of the field theory amplitudes into short-distance part named the wilson co-efficients
and long-distance part which includes the matrix element. EFTs make it possible to efficiently
arrange computations and estimate quantities by combining gauge invariance, locality, and the
power counting formula [14].

2.1.1 Why we use EFTs

Every theory we employ in physics today is really an EFT, whether we name it that or not.
There are many reasons why we use EFT some of them are summarize as,

• The main purpose of using an EFT is that it simplifies our calculation and uses only the
relevent interaction. For example, we are doing semileptonic b decay we do not need the
full model with the higgs potential and everything else all we need is to care about the
effective operator in the lagrangian and some constant term. We study these operator
arises from W exchange between the quarks and not the full dynamic of the system.

• Another reason is that it separate out the scale i.e. the high and low energy scale which
make the Feynman diagram easier to solve. For example in B meson decay there are
various mass scale involved such as MW , mb and ΛQCD, and we can get very complicated
functions of the ratios of these scales. But in EFT, we deals with one scale at a time, so
there are no functions, only constants. Many theories are use for these purpose such as
HQET, SCET, and NRQCD etc [14].

2.1.2 Basic Ingredient of EFTs

Any EFT have main three ingredient which are discussed as follow,
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• Degree of freedom: For any EFT the first building block is the degree of freedom that a
physical system need to be describe in.

• Symmetries: Second block for building an EFT is symmetry. The symmetry for any
dynamic system determined the constrain and limit of the effective action’s and, thus,
the system’s dynamics. Symmetries in a system can appear in different ways: they can
be global, gauged, accidental,spontaneously broken, anomalous, approximate, contracted,
etc [15]. Looking at the symmetry we construct the lagrangian.

• Expansion Parameter: The key aspect in EFTs is the expansion parameter in which higher
order correction term can be compute. Mostly but not always this expansion parameter
is ratio between two scale. The low energy scale may be the momentum or mass of the
particle to the short distance scale often denoted with δ = p

Λ . In some theories such as
HQET the expansion parameter may be pertubative a small coupling constant αs(mb).

2.1.3 General EFTs

Multi-scale problem are mostly discussed in EFT such as,

• Standard model effective field theory (SMEFT) main structure are field content,
symmetries, and interactions. SMEFT are extended to higher dimension operator that
are built on the same field and symmetries of the SM and not every operator are allowed.
Furthermore, extra symmetry requirements that are not included in the fundamental
symmetries of the SM can also be imposed at the SMEFT level. For example lepton and
baryon number conservation or cancellation of neutral currents transition at the tree level.
These are SM properties that result from unintentional symmetries. It work in the scale
of Λ which is order of few TeV [16].

• Fermi theory of weak interactions is also a scale based theory for weak interactions
of quarks. In this theory two mass scale are involve, first in order of mass of b-quark
and other is mass of W-boson. The mass of the W-boson is very high compared to other
scale so we integrate the heavy part. The power counting is δ = p

MW
. This theory was

developed earlier when the scale MW and MZ were not known.

• Heavy quark effective theory (HQET) describe limit of QCD where the heavy quarks
mass mQ goes to ∞ as the four-velocity νµ is held fixed. This limit is suitable for physical
systems in which light Dof interact with the heavy quark mass. The light degree of freedom
usually carry four-momentum significantly less than the heavy quark mass. For example,
a meson (Qq) where Q represent heavy quark and q is light Dof. The nonperturbative
scale of the strong interactions determines the size of such a meson as size ∼ 1

ΛQCD
. From

uncertainty principle the momentum transfer to light Dof is pl ∼ ΛQCD. If the momentum

transferred to mQ is δpl, change in δνµ = δpl
mQ

→ 0. That’s why in QCD the appropriate

limit is taking the heavy quark mass four-velocity fixed and mQ → ∞. The mass of the
heavy quark’s in strong interactions become independent of its spin and mass. As a result,
new spin-flavor symmetries emerge in this limit. In the nonperturbative realm, HQET is
provided with predictive power by these approximate symmetries [17].

• Non-relativistic quantum chromodynamics (NRQCD) A nonrelativistic effective
field theory for QCD is able to explain the dynamics of non-relativistic heavy quarks. An
expression of this effective theory known as nonrelativistic QCD, or NRQCD [18]. Because
NRQCD construction involves many scales, it has shown to be more complex than HQET
construction. There are just two significant scales in HQET: ΛQCD and mQ. Two other
significant scales in NRQCD are mν and mν2, which represent the quarks’ momentum
and energy (where v is the normal quark velocity). In literature they are named as hard
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(m,m), soft (mν,mν), potential (mν2,mν), and ultrasoft (mν2,mν2). All of these region
must be accurately describe within effective field theory.

• Chiral perturbation theory (XTP ) describes the low energy dynamics of global sym-
metry of strong interaction. It deal with the mesons and baryons. Chiral perturbation
theory explains low momentum transfer of interactions of pions and nucleons. The expan-
sion parameter is p

ΛX
where ΛX is order of approximately 1GeV. This scale as known as

chiral symmetry breaking [19].

• Soft Collinear Effective Field Theory (SCET) is also a QCD theory of highly ener-
getic quark interacting with co-linear and soft gluons. It describe the energetic processes
where the final state has small invariant mass compared to COM energy of collisions. As
in HQET the decay of heavy hadron can be treated only when the four-momentum of
the light Dof is small compared to mQ. But when the light hadronic decay product had
higher energy E ∼ mQ then expansion in the power of 1

E should be performed. Therefore
a large energy effective field theory should be constructed that explains the interaction
between energetic quarks and soft gluons. Two low energy scales exist in SCET, which
need to be appropriately taken into consideration when calculating power counting. It is
easy to understand these scales when one studies the p of collinear quark. If the direction
of the quark is along the light cone direction nν with momentum Q ∼ E ∼ mQ then

p = (p+, p−, p⊥) = Q(λ2, 1, λ),

where λ is small parameter. Thus p⊥ ∼ Q is the intermediate scale. So we count the
power in term of λ rather than 1

mQ
. In SCET the expansion parameter is

ΛQCD

Q , MJ
Q

and αs(Q)
4π , where Q is the COM energy of hard scattering process and MJ is mass of the

jet [20].

2.2 Beyond Standard Model

In lack of any direct signal from LHC search for physics beyond standard model (BSM) effects
can be conducted with Standard model effective theories (SMEFT) or higgs effective field theory
(HEFT) [21]. The fact that BSM physics has not been directly discovered, if it does exist, it
is far heavier than the EW scale and outside the reach of the LHC. It cannot describe process
above a certain scale that as Λ >> mZ where mZ is mass of Z-boson. Under this scale the SM
give renormalizable term but above this there are higher power of energies in the denominator
which give divergences. Hence BSM the lagrangian can be extended in higher power of Λ [22]
as follow.

LSM = L(4)
SM +

1

Λ

∑
n

C(5)
n O(5)

n +
1

Λ2

∑
n

C(6)
n O(6)

n +O(
1

Λ3
), (2.1)

where L(4)
SM is the usual renormalize part of the standard model lagrangian contain two and four

dimension operators. Where order five and six give BSM effect. The operator O(i)
n represent the

n dimension operator and C(i)
n are dimensionless coupling constant known as Wilson co-efficient.

Once the underlying high-energy theory is known we can integrate out the heavy fields, and the

coefficients C(i)
n can be found. In literature there are different basis used for i = 6 operator in

the lagrangian. But as we know physics are irrelevant of the basis we used, there are some that
suited well then the other. Thus b → s are neutral current and flavor changing weak decays they
are considered as sensitive probes where contribution of physics beyond the Standard Model
can be indicated. [23].
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2.3 Standard Model: As an EFT

To begin with SM as an EFT there are three basic ingredients in particular,

• Field content: First of all we need to specify the kind of fields that are present in our
theory.

• The symmetries of the field must be satisfied: In addition to these fundamental symmetries
SM can also have associated accidental symmetries.

• How these symmetries are realised and/or broken: For instance, in standard model the
SU(2)L ⊗ U(1)Y symmetry is spontaneously broken due to the structure of the Higgs
sector, in particular of the Higgs potential.

• The renormalizability properties: finally, we need to specify whether or not the theory is
UV-complete, that is, that can be extrapolated up to arbitrarily large energies being able
to provide meaningful physical predictions.

2.4 Flavor in the Standard Model

Flavor sector of standard model is very important because of its high precise data. In flavor
sector, besides the force carrier or mediator of interaction there contains twelve matter particles
known as fermions. These fermions are categorized into two types: quarks and leptons. Leptons
and quarks are further classified into three families or generation that appear as right-handed
(singlet) or left-handed (doublet):[

e− u
νe d

]
,

[
µ s
νµ c

]
,

[
τ t
ντ b

]
.

The standard model is a chiral theory so the left handed feild are SU(2) doublet are represented
as follow. (

l−

νl

)
L

,

(
qu
qd

)
L

,

where the right handed partners transform as SU(2) singlet.

l−R = eR, µR, τR,

quR = uR, cR, tR,

qdR = dR, sR, bR,

there is no right-handed neutrino in the standard model picture.
Furthermore, each fermion particle is coupled to an antiparticle, and the quantum numbers
of these antiparticles are the opposite of the fermion, meaning that the cosmos contains six
antiquarks and six antileptons. The final component of the standard model is the higgs bo-
son, through higgs mechanism which is process responsible for assigning masses to both gauge
bosons and fermions. The interaction with the higgs-field leads to the acquisition of mass by
elementary particles, necessitating the existence of a spin-0 higgs-boson. Due to its ability to
couple with its own field, the Higgs-boson possesses a relatively substantial mass.
Flavor aspect of the standard model explain the classification of particle into bosons and
fermions. Several field in standard model have same quantum number and they have same
gauge representation so they are named as flavor in particle physics. Within the standard model
the unbroken gauge group SU(3)C ⊗ U(1)EM and the five representation of three generation of
fermion are as follow [24].
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1. Left-handed quark doublet QLi(3, 2) 1
6
.

2. Right-handed Up type quark URi(3, 1) 2
3
.

3. Right-handed down-type quarks DRi(3, 1)− 1
3
.

4. Left-handed leptons in the LLi(1, 2)− 1
2
.

5. Right-handed electron ERi(1, 1)−1.

The interaction of fundamental particle is explained by two theme

1. The symmetry of Lagrangian and SSB pattern

2. The fermion and scalar representation.

The Lagrangian that is appropriate for gauge symmetry of (1) and particle content of standard
consist of following three parts

LSM = LKinetic + LHiggs + LYukawa. (2.2)

LKinetic

To maintain the gauge in-variance in kinetic term the simple derivative (∂µ) is replaced by
covariant derivative (Dµ)

Dµ = ∂µ + ιgsGµ
i Li + ιgWµ

j Tj + ιg
′BµY. (2.3)

Here Gµ
i are the eight gluon fields where i runs from 1 to 8. Li are SU(3)C generators (the 3 ×

3 gell-mann matrices where Li =
1
2λi). Wµ

j are the three weak interaction bosons feild, Tj are

SU(2)L generators (the 2 × 2 pauli matrices where Tj = (12)τj for doublets, and 0 for singlets).
And the final part Bµ is the single hypercharge boson, Y are U(1)Y charges. Kinetic terms
define the propagation and interactions of gauge bosons such as photons, W and Z bosons, and
gluons.

• U(1) for Electromagnetism (associated with the hypercharge Y ):

Bµν = ∂µBν − ∂νBµ

• SU(2) for Weak interactions:

Wµν = ∂µWν
j − ∂νWµ

j − gϵijkWµ
j Wν

k

• SU(3) for Strong (QCD) interactions:

Gµν = ∂µGν
i − ∂νGµ

i − gsfijkGµ
j Gν

k

These field strength tensors are squared and multiplied by a factor of -1/4 in the kinetic com-
ponent in the entire Lagrangian for the standard model. LKinetic is given by

LKinetic = −1

4
Gµν
i Gµνi −

1

4
Wµν

j Wµνj −
1

4
BµνBµQ‘ν − ιQLiγ

µDQLi − ιULiγ
µDULi

−ιDRiγ
µDDRi − ιLLiγ

µDLLi − ιELiγ
µDELi. (2.4)

This interaction Lagrangian is flavor universal and CP conserving. For five representation
of three generation the kinetic Lagrangian have its own form for each quark and leptons. In
standard model, the field strength tensors exist in the kinetic terms for the gauge fields. Each
gauge group (U(1), SU(2), and SU(3)) is connected with its own field strength tensor.
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LHiggs

Dynamics of the higgs field is explained by this part of the lagrangian. The renowned Higgs
boson, discovered in 2012, appears as a fluctuation of the Higgs field’s constant value over space.
Lϕ represents not just how the Higgs field behaves on its own, but also how it interacts with
itself [24].
The scalar self interaction Higgs potential is given by

Lϕ = (Dµϕ)(Dµϕ)− µ2ϕϕ− λ(ϕϕ)2, (2.5)

VΦ = µ2ϕϕ+ λ(ϕϕ)2. (2.6)

The two parameter λ and µ are Higgs mass and Vacuum expectation value respectively.

LY ukawa

Fermions and the higgs field interaction are represented by the yukawa lagrangian. It’s the
portion that gives particles mass and is named after Hideki Yukawa!. When vacuum expectation
value of the higgs field are zero, their interaction with other particles, give to them via the
yukawa interactions. The degree of coupling between the higgs and other particle results in
different masses.
The Yukawa part of the Lagrangian is divided into two parts, leptonic and quark sector. The
quark Yukawa sector is

−Lquark
Y = Y d

ijQLiϕDR| + Y u
ijQLiϕ̃URj + h.c. (2.7)

while lepton Yukawa interaction is given by

−Lleptons
Y = Y e

ijLLiϕERj + h.c. (2.8)

where ϕ̃ = ιτϕ† and Y f are 3 × 3 matrices with dimensionless coupling. These are describe in
detailed in the next chapter.

Table 2.1: Properties of the Standard Model quarks and leptons.

Particle m (GeV/c2) Charge Interactions

Leptons

e 0.000511 −1 U(1)EM
νe < 3× 10−9 0 SU(2)L
µ 0.106 −1 U(1)EM

νµ < 1.9× 10−4 0 SU(2)L
τ 1.7770± 0.00029 −1 U(1)EM
ντ < 0.018 0 SU(2)L

Quarks

u 0.0015 to 0.003 +2/3 SU(3)C ⊗ SU(2)L ⊗U(1)Y
d 0.003 to 0.007 −1/3 SU(3)C ⊗ SU(2)L ⊗ U(1)Y
c 1.25± 0.09 +2/3 SU(3)C ⊗ SU(2)L ⊗U(1)Y
s 0.095± 0.025 −1/3 SU(3)C ⊗ SU(2)L ⊗U(1)Y
t 174.2± 3.3 +2/3 SU(3)C ⊗ SU(2)L ⊗ U(1)Y
b 4.70± 0.07 −1/3 SU(3)C ⊗ SU(2)L ⊗U(1)Y

8



The six flavor of quark are commonly divided into heavy (c, b, t) and light(u, d, s) quark
as follow,  mu = 0.005 GeV

md = 0.009 GeV
ms = 0.175 GeV

 ≪ 1 GeV ≤

 mc = (1.15− 1.35) GeV
mb = (4.0− 4.4) GeV

mt = 174 GeV

 . (2.9)

2.5 Weak Interaction of Quarks

Flavor in the SM includes both quark and lepton. When quarks interacts via weak forces they
changes flavor. This flavor changing processes does not occur via strong and electromagnetic
forces. They are mainly of two type, namely

• Flavor changing charge current processes.

• Flavor changing neutral current processes.

2.5.1 Flavor Changing Neutral Current Transition

In particle physics, a phenomenon known as a flavor-changing neutral current (FCNCs) occurs
when a fermion’s flavor changes but its electric charge doesn’t change. These processes are
not allowed at tree level in standard model because because they cannot be directly mediated
by W-bosons. There is explanation why these processes should not occur as any two flavor
changing process result in FCNC. Experimentally these processes are very rare and suppressed.
For example the decay of KL → µ+µ− that are neutral current transition is very rare compared
to charge current K+ → µ+ν decay. For these processes to suppressed there must be some
mechanism to describe its nature [25].
In SM these processes can happen through higher-order loop diagrams but not at the tree level.
At first order they appear in triple vertices (penguin diagram) and quadratic vertices (box
diagram). Example of penguin and box diagram are given in Figure 2.1 and 2.2. The higher
order loop diagrams i.e, penguins are actually the first order contributions normally radiative
corrections to the tree diagram. These processes are suppressed because they do not occur at
tree level and second reason is the GIM mechanism.

• Penguin Vertices: They involve quark only have same charge but different flavor. They
are calculated using elementary vertices and propagator. Penguin Diagram shown in Fig
2.1 below depicting a higher-order QCD process involving a loop with virtual top quarks
(t) and W bosons, contributing to the flavor changing neutral current transitions between
a bottom quark (b) and a strange quark (s).

Wb s

t t

Figure 2.1: Penguin Diagram
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b
W−

µ−

s
W+

µ+

q νµ

Figure 2.2: Box Diagram

• Box Vertices: They involve both quark and lepton calculated the same way as penguin
diagram. A Feynman box diagram illustrates weak interaction process where a down
quark (d) and a strange antiquark (s) exchange a W boson, resulting in the creation of a
µ+ and an µ−. The q and νµ are the internal line representing virtual particle.

2.5.2 The CKM Matrices

Unlike the gauge aspect of the SM, the flavor sector of the SM has not been verified to a high
degree of precision. One of the most interesting problems in flavour physics is the determina-
tion of the CKM-matrix elements which dictate the degree of mixing between the quark weak
and mass eigenstates in the weak interaction. The numerical results of these parameters are
extracted from experimental data, prior to theoretical calculations.
The (CKM) matrix, referred as the Standard Model’s Cabibbo-Kobayashi-Maskawa matrix, de-
fines the mixing between the three generations of quarks. It explains why in weak interaction the
weak eigenstates and their mass eigenstates are different [26]. The unitary cabibbo-kobayashi-
maskawa (CKM) matrix is used to connect weak interactions basis to mass interaction basis of
quarks.
By arranging the left-handed leptons with (chirality 1) in three generations of doublets and the
right-handed leptons in three singlets states, the weak interaction for the leptons was added to
the theory. Parallels between lepton and quark interactions suggest that organizing quarks into
L-H doublets and R-H singlets is a comparable strategy for lepton interactions. For quarks,
however, the situation is different since they all have mass. Consequently, a right-handed com-
ponent is present in every quark field. Three doublets and six right-handed singlets make up
these fields [27].
The kinetic terms and quark couplings to W, Z0, and γ are contained in the section of the
lagrangian that is expressed as follows.

L = qLiγµ(i∂
µ +

g

2
Wµ

b τa −
g′

2
BµY )qLj + qRiγµ(i∂

µ − g′

2
BµY )qRi. (2.10)

The hypercharge Y is defined as Y = 2(Q-I3). Physical feild are eigenstate of mass matrix which
are produced through quark-Higgs Yukawa coupling. It is simple to create a yukawa interaction
term that is invariant under SU(2) ⊗ U(1) transformations. The charge current interaction
between the left handed quark is

LKinetic,weak(QL) = ιQI
Liγµ(i∂

µ +
g

2
Wµ

b τa)Q
I
Li,

= ι(u, d)ILiγµ(i∂
µ +

g

2
Wµ

b τa)

(
u
d

)I

Li

,
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= ιuILiγµ∂
µuILi + ιdILiγµ∂

µdILi −
g√
2
ιuILiγµW

−µdILi −
g√
2
ιdILiγµW

+µuILi + ..

Lmass = hij(d)

(
ū1i
d̄1i

)
L

(
ϕ+ϕ0

)
djR + hij(u)

(
ū1i
d̄1i

)(
−ϕ̄0ϕ−)ujR + h.c. (2.11)

using W+ = 1√
2
(W1 − ιW2) and W− = 1√

2
(W1 + ιW2). The W boson acquire masses through

the SSB. For this, the higgs scalar field and her potential is added to the Lagrangian:

LHiggs = (Dµϕ)
† (Dµϕ)− µ2ϕ†ϕ− λ

(
ϕ†ϕ

)2
, (2.12)

with iso-spin doublet that is

ϕ =

(
ϕ+

ϕ0

)
. (2.13)

The Lagrangian is
Lmass = YijΨLiϕΨRj + h.c.

Yd
ijQ

I
Liϕd

i
Rj +Yu

ijQ
I
Liϕ̃u

i
Rj +Yl

ijL
I
Liϕl

i
Rj + h.c. (2.14)

we define Y
(u)
ij ,Y

(d)
ij and Y

(l)
ij are arbitrary complex matrices that operate in flavour space, giving

rise to couplings between different families, or quark mixing, and thus to the field of flavour
physics. These matrices are very important because these determined the masses of the quarks
and also its mixing. In order to find the physical mass or mass eigenstate we need to transform
the quark mass into diagonal form. Using bi-unitary transformation square matrix may be
diagnosed [28]. Consequently, if we spell out one term

Yd
ijQ

I
Liϕd

i
Rj = Yd

ij

(
u d

)Li
I

(
ϕ+

ϕ0

)
diRj, (2.15)

=


Yd

11

(
u d

)L
I

(
ϕ+

ϕ0

)
Yd

12

(
u d

)L
I

(
ϕ+

ϕ0

)
Yd

13

(
u d

)L
I

(
ϕ+

ϕ0

)
Y d
21

(
c s

)L
I

(
ϕ+

ϕ0

)
Y d
22

(
c s

)L
I

(
ϕ+

ϕ0

)
Y d
23

(
c s

)L
I

(
ϕ+

ϕ0

)
Y d
31

(
t b

)L
I

(
ϕ+

ϕ0

)
Y d
32

(
t b

)L
I

(
ϕ+

ϕ0

)
Y d
31

(
t b

)L
I

(
ϕ+

ϕ0

)

 .

dIR
sIR
bIR

 . (2.16)

After SSB

ϕ =

(
ϕ+

ϕ0

)
breaking−−−−−→ ϕ =

1√
2

(
0

v + η

)
, (2.17)

and charge conjugate of the Higgs field are obtained by taking complex conjugate and multi-
plying with Pauli matrices

ϕc = −ιτϕ∗
(
−ϕ0

ϕ−

)
breaking−−−−−→ − 1√

2

(
v + η
0

)
, (2.18)

η is minimum value of feild fluctuation. The following mass term in fermion evolve in the
lagrangian

= Y d
ijQ

I
Liϕd

i
Rj + Y u

ijQ
I
Liϕ̃u

i
Rj + h.c.,
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= Y d
ijd

I
Li

ν√
2
diRj + Y u

iju
I
Li

ν√
2
uiRj + h.c.,

= Md
ijd

I
Lid

i
Rj +Mu

iju
I
Liu

i
Rj + h.c. (2.19)

Fermionic interaction with the higgs feild are not considered here. The mass matrix should be
diagonal so we need unitary matrix to diagonalize the mass matrix

Md
diag = V d

LM
dV d†

R ,

Mu
diag = V u

LMuV u†
R , (2.20)

as the unitary matrix satisfy V d
RV

d†
R = 1, the lagrangian can be written as

= d
I
LiM

d
ijd

I
Rj + uILiM

u
iju

I
Rj + h.c.,

= d
I
LiV

d
LV

d†
L Md

ijV
d
RV

d†
R dIRj + uILiV

u
RV u†

R Mu
ijV

u
RV u†

R uIRj + h.c.,

= d
I
Li

(
Md

ij

)
diag

dIRj + uILi
(
Mu

ij

)
diag

uIRj + h.c. (2.21)

where quark states get the matrix, resulting in the following quark mass eigenstates,

dLi =
(
V d
L

)
ij
dILjdRi =

(
V d
R

)
ij
dIRj,

uLi = (V u
L )ij u

I
LjuRi = (V u

R )ij d
I
uj, (2.22)

where uI are interaction eigen state and other are mass eigen state. We can also express the
lagrangian in mass eigen state. The unitary 3× 3 is

VCKM =
(
V u
L V d†

L

)
ij
. (2.23)

Conventionally, for up-type quarks, interaction/weak eigen state are equal to mass eigenstates
because the matrix are absorbed inside the down type quarks. Whereas for down-type quarks
are treated to be non equal.

uIi = uj ,

dIi = VCKMdi, (2.24)

or dI
sI
bI

 =

Vud Vus Vub

Vcd Vcs Vcb

Vtd Vts Vtb

d
s
b

 , (2.25)

where the transition from down to up quark is describe by Vud while the transition from up to
down quark is describe by V ∗

ud shown in 2.3
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d

u

W−Vud

d

u

W+V ∗
ud

Figure 2.3: The definition of Vij and V ∗
ij .

2.5.3 GIM Mechanism

The Glashow-Iliopoulos-Maiani mechanism, developed in 1970 by Sheldon Glashow, Luciano
Maiani, and John Iliopoulos, is referred to as the ”GIM mechanism”. This process is essential to
the suppression of flavor-changing neutral currents (FCNCs) in particle physics standard model
(SM) weak interactions. It also explains why the weak interaction that changes strangeness
by S = 2 are suppressed and why the transition S = 1 are allowed only for charge currents
(FCCCs) interaction. This mechanism to eliminates the strangeness changing neutral current
at tree approximation is known as GIM mechanism. This mechanism was proposed by scientist
before the discovery of strange quark.
The (GIM) method depends on the charged weak current flavor mixing matrix’s unitarity. The
magnitude of CKM parameters enters in the vertex where the W -boson and quark interacts.
Although the Z0 bosons exchange are flavor neutral transition. In first order loop level decay
the amplitude is proportional to m2

i /M
2
w known as GIM mechanism [29]. The mass here is mass

of internal quark.

2.6 Operator Product Expansion

Λ is a hadron and the the quark inside are bind together via strong interaction. Weak decay of
hadron are mediated by weak interaction of order of O(1GeV ). The goal is to achieve a precise
theory to describe the weak interaction of quark. The task is tried to accomplished by using
the operator product expansion.
OPE is QFT that describes the product of two field at each point in a limit xn → y. Thus, they
capture the singular behavior and ”finite trends” of products of quantum fields at a point [30].
As we know from ϕ4 theory that the time ordered product of any two feild along with Fourier
transformation can be written as

T ϕ̃(p)ϕ(0) =

∫
eιp.xT ϕ̃(x)ϕ(0) d4x, (2.26)

if the theory associated are totally defined then at xµ → 0 will give ϕ2(0). But if it is not, then
divergence appear from the products of feild. The OPE was given by Wilson in (1969). Its
central idea was the product of the two local quantum feild operators can be written as

Oa1(x1)....OaN (xN ) ∼
∑
b

Cb
a1...aN(x 1.....x N)Ob(x N). (2.27)

The product of two charge current operator can be written as expansion of local operator
whose contribution are weighted by effective coupling constant, the wilson co-efficient. In 2.27
Cb
a1...aN (x1.....xN ) are the wilson co-efficient and OaN (xN ) are the local operators.
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2.7 Effective Hamiltonian for FCNCs

The effective Hamiltonian for FCNCs processes in general may be expressed as follows from
OPE [31]

Heff =
∑
k

Ck(µ)Ok(µ), (2.28)

where µ is the appropriate re-normalization scale. The OPE allow us to divide the hamiltonian
into long distance and short distance part. The former part is related to the non pertubative
hadronic matrix element Ok(µ) = ⟨f |Qk(µ)|i⟩, and Ck(µ) are wilson coefficient calculated per-
tubatively. These wilson co-efficient are combination of some function and corresponding CKM
matrix that can be read from the rule. The Qk(µ) are four quark operator that can be divided
into three categories. The set of ten local operator is written as [32],

• Current Current Operator
Q1 = (siuj)V-A(ujdi)V-A,

Q2 = (su)V-A(ud)V-A. (2.29)

• QCD Penguin Operator

Q3 = (sd)V-A

∑
q

(qq)V-A,

Q4 = (sidj)V-A

∑
q

(qjqi)V-A,

Q5 = (sd)V-A

∑
q

(qq)V+A,

Q6 = (sidj)V-A

∑
q

(qjqi)V+A. (2.30)

• Electroweak-Penguins Operator

Q7 =
3

2
(sd)V-A

∑
q

eq(qq)V+A,

Q8 =
3

2
(sidj)V-A

∑
q

eq(qjqi)V+A,

Q9 =
3

2
(sd)V-A

∑
q

eq(qq)V-A,

Q10 =
3

2
(sidj)V-A

∑
q

eq(qjqi)V-A. (2.31)

• Magnetic Penguin Operator

Q7γ =
e

8π2
mb(sσµν(1 + γ5)b)Fµν ,

Q8G =
e

8π2
mb(siσµν(1 + γ5)Tijbj)Gµν . (2.32)
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• Semi Leptonic Operator

Q7V = (s̄d)V−A(ēe)V ,

Q9V = (b̄s)V−A(ēe)V ,

Q(νν) = (s̄d)V−A(νν)V−A,

Q7A = (s̄d)V−A(ēe)A,

Q10A = (b̄s)V−A(ēe)A,

Q(µµ) = (s̄d)V−A(µ̄µ)V−A. (2.33)

• ∆S = 2 and ∆B = 2 Operators

Q(∆S = 2) = (sd)V−A(sd)V−A,

Q(∆B = 2) = (bd)V−A(bd)V−A. (2.34)

where V ± A are chiral projection operator γµ(1 ± γ5), α and β are SU(3)C color indices, q
′

runs over the quark flavors that are active at a scale of µ = O(mb) i.e, u,d,s and c, and e
′
q are

the quark masses. These three operator eho has maximum contribution in b → s transition can
be depicted in the penguin diagrams in 2.4.

W−

t

γ/Z0

b

q

ℓ+

ℓ−

s

q

Vtb V ∗
ts

Figure 2.4: Penguin Diagram for FCNC b → sl+l−
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Chapter 3

Formalism

We first go over the Effective Hamiltonian from the operator product expansion. We then turn to
the hadronic coupling for quark level transitions b → s. The helicity basis is used to calculate the
hadronic matrix elements of b → s and Λ → Nπ. We next move on to observables and describe
the approaches used for uncertainty calculation in our study. This chapter contains a detailed
explanation of the formula we used to determine the branching ratio and other observables. The
chapter concludes with a discussion of the possible consequences of new physics scenario effects
that emerge from our findings.

3.1 Effective Hamiltonian

Effective hamiltonian for weak interaction of quarks is derived by calculating the leading and
next-to-leading order loop diagrams. In the SM, effective hamiltonian is written using operator
product expansion and re-normalization group techniques. The OPE that calculates the effective
Hamiltonian describes the weak decays of hadrons. This hamiltonian can be divided into short
distance perturbative physics and a long distance non-perturbative physics as discussed in the
previous section. We have used the model independent approach, we do not restrict ourself
to two type of current in lepton that are vector and axial vector. For semileptonic decay of
Λb(u, d, b) → Λ(u, d, s)l+l−, the effective within OPE can be written as:

Heff =
4GFα√

2
VtbV

∗
ts

 6∑
i=1

CiQi +

8∑
i=7

(
CiQi + C′

iQ
′
i

)
+

∑
i=9,10

(
CiQi + CNP

il Qi + CNP
i′l Qi′

) ,

(3.1)

where λt = V †
tsVtb, are CKM matrix element, Gf is the Fermi coupling constant, Qi(µ) are local

operators. These ten operators represent different types of physical processes, like current-
current interactions, QCD penguin processes, magnetic penguin processes, and semileptonic
electroweak penguin processes. Ci(µ) are the wilson co-efficients that can be obtained from
pertubative QCD and involves the short distance contribution. The long distance part are
present in the matrix element of the local quark operators.
Decay of Λb → Λ is basically a quark level transition from b → s that are dominated by
electroweak penguin process. Among these local operators the main contribution arises from
O7, O9, and O10 in FCNCs decay channel. The main contributor are

O7 =
e

8π2
mb(sσµν(1 + γ5)b)Fµν ,

O9 =
e

8π2
(sb)V−A(ll)V ,

O10 =
e

8π2
(sb)V−A(ll)A. (3.2)
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3.1.1 New physics in Effective Hamiltonian

These effect of physics beyond standard model in Λb decay can be interpreted in terms of different
new physics (NP) scenarios with model in-dependant approach. Any high energy new physics
will show up in whole new operators, in our case vector and axial vector part with chirality
flipped counterpart that may be relevent for physics beyond standard model. Another way is
incorporating new wilson-coefficient whose values are differ from those predicted in the SM.
The co-efficient of higher dimension operator named as wilson co-efficient contain information
about all short distance physics and NP are also incorporated here. The information about the
numerical data of these co-efficient are taken from global fit analysis.
The primed operator correspond to right-handed current in the SM. The hypothesis that divides
the CNP

9,10 and CNP
9′,10′ are divided into Lepton flavor universality NP (LFU) and Lepton flavor

violating universality NP (LFVU) are also used in the model independent analysis. All the
short distance contribution are LFVU they are independent of the initial hadronic state and
there kinematics.

The NP addition started at operator level and in this case the primed operator are NP
operator. These operator that appear in these co-efficient are different given as,

O′
7 =

e

8π2
mb(sσµν(1− γ5)b)Fµν ,

O′
9 =

e

8π2
(sb)V+A(ll)V ,

O′
10 =

e

8π2
(sb)V+A(ll)A. (3.3)

The Heff can be written from equation 3.1 as

Heff =
4GFα√

2
VtbV

∗
ts

{(
Ceff
7

e

8π2
mb

(
(sσµν(1 + γ5)b)Fµν

))
+
(
Ceff
9

e

8π2
(sb)V−A(ll)V + CNP

9

e

8π2
(sb)V−A(ll)V + CNP

9′
e

8π2
(sb)V+A(ll)V

)
+
(
Ceff
10

e

8π2
(sb)V−A(ll)A + CNP

10

e

8π2
(sb)V−A(ll)A + CNP

10′
e

8π2
(sb)V+A(ll)A

)}
. (3.4)

3.2 Amplitude for Λb → Λl+l−

The decay amplitude that contain hadronic matrix elements for Λb and Λ can be obtained by
sand-witching the hamiltonian in 3.4 between the initial (Λb) and final (Λ) state. These matrix
elements can be parameterized in terms of baryonic transition form factors for vector, axial-
vector and tensor and pseudo-tensor currents [33]. The form factors are (i) defined in term
of helicity basis and (ii) normalized to the limit of hadrons with point-like object. The decay
amplitude for the quark level transition b → s can be written in term of helicity basis using
orthonormality and completeness relation of the polarization vector as follow. The completeness
relation read as

ϵ∗α(m)ϵβ(n) = gmn,
∑

m,n=±,∓,0

ϵ∗α(m)ϵβ(n)gmn = gαβ, (3.5)

where complete description is given in Appendix B in equation B.3 .
Solving Heff the effective hamiltonian of 3.4 it takes the following form,

Heff =
Gfα

2
√
2
VtbV

∗
ts

{((
Ceff
9 + CNP

9

)
(sb)V−A(ll)V + CNP

9′ (sb)V+A(ll)V

)
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−
(
Ceff
7

2mb

q2
(sισµν(1 + γ5)qνb)(ll)V

)

+
(
Ceff
10 + CNP

10

)
(sb)V-A(ll)A +CNP

10′ (sb)V+A(ll)A

}
.

Now taking vector and axial vector current common from above equation we get the following
form

Heff =
Gfα

2
√
2
VtbV

∗
ts

{
(ll)V

{(
Ceff
9 + CNP

9

)
(sb)V−A +CNP

9′ (sb)V+A −Ceff
7

2mb

q2
(sισµν(1+ γ5)qνb)

}

(ll)A

{(
Ceff
10 + CNP

10

)
(sb)V−A + CNP

10′ (sb)V+A

}
. (3.6)

We have separated the leptonic part as vector and axial vector current, now we can writ down
the amplitude as

M(b → sl+l−) =
Gfα

2
√
2

[
(lγµl)A1

µ +A2
µ(lγ

µγ5l)
]
, (3.7)

where Aµ
1 and Aν

2 are defined explicitly as

Aµ
1 =

(
Ceff
9 + CNP

9

) [
⟨Λ(k, sΛ)|sγµ(1− γ5)b|Λb(p, sΛb

)⟩
]

+CNP
9′

[
⟨Λ(k, sΛ)|sγµ(1 + γ5)b|Λb(p, sΛb

)⟩
]

−2mb

q2
Ceff
7 ⟨Λ(k, sΛ)|sισµνqµ(1 + γ5)b|Λb(p, sΛb

)⟩.

Aµ
2 =

(
Ceff
10 + CNP

10

) [
⟨Λ(k, sΛ)|sγµ(1− γ5)b|Λb(p, sΛb

)⟩
]

+CNP
10′

[
⟨Λ(k, sΛ)|sγµ(1 + γ5)b|Λb(p, sΛb

)⟩
]
. (3.8)

the corresponding dagger of the amplitude is

M†(b → sl+l−) =
Gfα

2
√
2

[
(lγν l)†A1†

ν +A2†
ν (lγνγ5l)†

]
. (3.9)

The amplitude can be obtained by multiplying the dagger and non-dagger part of the Equa-
tion 3.7 and 3.9. We solve the leptonic traces and then contract it with the lepton polarization
vector. Using the contraction of leptonic and hadronic tensor as shown

L1
µν(m,n) = p1µp2νϵ

µ†(m)ϵν(n) + p2νp1µϵ
µ†(m)ϵν(n)

L2
µν(m,n) = ϵµ†(m)ϵν(n)gµν

L3
µν(m,n) = ιϵµναβp1αp2βϵµ†(m)ϵν(n) (3.10)

The hadronic part is given as,

Hµν
ij (m,n) = ϵ†µ(m)ϵν(n)Aµ

imAν
jn = Hi

m(sΛb, sΛ)Hj†
n (sΛb, sΛ) (3.11)

m and n are the polarization vector element of the hadronic polarization vector in Λb rest
frame. sΛb and sΛ are spin of the particle which are taken an account with angular momentum
conservation. These hadronic term are the known as helicity amplitude because we solve the

18



matrix element in helicity basis. Using the properties of contraction of leptonic and hadronic
tensor the amplitude formulae are modified as follow,

|M|2 =
G2

fα
2

4.2

[
L1
µν(H

µν
11 +Hµν

22 )−
1

2
L2
µν .(q

2Hµν
11 + (q2 − 4m2

l )H
µν
22 + L3

µν(H
µν
12 +Hµν

21 ))

]
,

(3.12)

where i,j= 1 to 3, and k = 1 to 2 and they are described in detailed in the appendices. L
describe the leptonic part calculated from traces and Hi

m(sΛb, sΛ)Hj†
n (sΛb, sΛ) are the helicity

amplitude presented in detailed in appendices. The helicity amplitude are written in term of q2

dependant hadronic form factor.

3.2.1 Hadron Matrix Element Calculation

The form factors are (i) defined in term of helicity basis and (ii) normalized to the limit of
hadrons with point-like object. All of the currents and their associated matrix element are
given as follow

⟨Λ(k, sΛ) |qγµb|Λb(p, sΛb
)⟩ = u(k, sΛ)[ft(q

2)(MΛb
−mΛ)

qµ
q2

+f0(q
2)
MΛb

+mΛ

s+
(pµ + p

′
µ − qµ

q2
(M2

Λb
−m2

Λ))

+f⊥(q
2)(γµ − 2mΛ

s+
pµ − 2MΛb

s+
p
′
µ)]u(p, sΛb

).

The expression for axial current

⟨Λ(k, sΛ)|qγµγ5b|Λb(p, sΛb
)⟩ = −u(k, sΛ)[gt(q

2)(MΛb
+mΛ)

qµ
q2

+g0(q
2)
MΛb

−mΛ

s−
(pµ + p

′
µ − qµ

q2
(M2

Λb
−m2

Λ))

+g⊥(q
2)(γµ +

2mΛ

s−
pµ − 2MΛb

s−
p
′
µ)]u(p, sΛb

).

The expression for tensor current

⟨Λ(k, sΛ) |qισµνqνs|Λb(p, sΛb
)⟩ = −u(k, sΛ)[h0(q

2)
q2

s+
(pµ + p

′
µ − qµ

q2
(M2

Λb
−m2

Λ))

+h⊥(q
2)(MΛb

+mΛ)(γµ − 2mΛ

s+
pµ − 2MΛb

s+
p
′
µ)]u(p, sΛb

).

The expression for pseudo-tensor current

⟨Λ(k, sΛ) |qισµνγ5qνs|Λb(p, sΛb
)⟩ = −u(k, sΛ)[h0(q

2)
q2

s−
(pµ + p

′
µ − qµ

q2
(M2

Λb
−m2

Λ))

+h⊥(MΛb
−mΛ)(q

2)(γµ +
2mΛ

s−
pµ − 2MΛb

s−
p
′
µ)]u(p, sΛb

).

These form factor considerably reduce to much simpler form when contracted with polarization
vector of hadronic spinor. These vector currents give three independent helicity form factors
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that we named as the corresponding helicity amplitude Hcurrents
i (sΛb

, sΛ).
For vector current,

Ht
V (sΛb, sΛ) ≡ ϵ∗µ(t)⟨Λ(k, sΛ)|s̄γµb|Λb(psΛb

)⟩

= f t
V (q

2)
mΛb

−mΛ√
q2

ū(k, sΛ)u(p, sΛb
),

H0
V (sΛb, sΛ) ≡ ϵ∗µ(0)⟨Λ(k, sΛ)|s̄γµb|Λb(p, sΛb

)⟩

= 2f0
V (q

2)
mΛb

+mΛ

s+
(k · ϵ∗(0))ū(k, sΛ)u(p, sΛb

),

H±
V (sΛb, sΛ) ≡ ϵ∗µ(±)⟨Λ(k, sΛ)|s̄γµb|Λb(p, sΛb

)⟩
= f⊥

V (q2)ū(k, sΛ)ϵ
∗(±)u(p, sΛb

).

Analogous expressions are obtained for the axial-vector current,

Ht
AV (sΛb, sΛ) ≡ ϵ∗µ(t)⟨Λ(k, sΛ)|s̄γµb|Λb(p, sΛb

)⟩

= −f t
AV (q

2)
mΛb

+mΛ√
q2

ū(k, sΛ)u(p, sΛb
),

H0
AV (sΛb, sΛ) ≡ ϵ∗µ(0)⟨Λ(k, sΛ)|s̄γµb|Λb(p, sΛb

)⟩

= −2f0
AV (q

2)
mΛb

−mΛ

s−
(k · ϵ∗(0))ū(k, sΛ)u(p, sΛb

),

H±
AV (sΛb, sΛ) ≡ ϵ∗µ(±)⟨Λ(k, sΛ)|s̄γµb|Λb(p, sΛb

)⟩
= f⊥

AV (q
2)ū(k, sΛ)ϵ

∗(±)γ5u(p, sΛb
).

Tensor current

H0
T (sΛb, sΛ) ≡ ϵ∗µ(0)⟨Λ(k, sΛ)|s̄iσµ

ν q
νb|Λb(p, sΛb

)⟩

= −2f0
T (q

2)
q2

s+ (k · ϵ∗(0))
ū(k, sΛ)u(p, sΛb

),

H±
T (sΛb, sΛ) ≡ ϵ∗µ(±)⟨Λ(k, sΛ)|s̄iσµ

ν q
νb|Λb(p, sΛb

)⟩
= −f⊥

T (q2)(mΛb
+mΛ)ū(k, sΛ)ϵ

∗(±)u(p, sΛb
).

PsuedoTensor currents

H0
T5(sΛb, sΛ) ≡ ϵ∗µ(0)⟨Λ(k, sΛ)|s̄iσµ

ν q
νγ5b|Λb(p, sΛb

)⟩

= −2f0
T5(q

2)
q2

s− (k · ϵ∗(0))
ū(k, sΛ)γ

5u(p, sΛb
),

H±
T5(sΛb, sΛ) ≡ ϵ∗µ(±)⟨Λ(k, sΛ)|s̄iσµ

ν q
νγ5b|Λb(p, sΛb

)⟩
= f⊥

T5(q
2)(mΛb

−mΛ)ū(k, sΛ)ϵ
∗(±)γ5u(p, sΛb

).
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Non-zero Helicity Amplitude

Appendix C provides a summary of the hadronic spinor matrix elements for specific spin orien-
tation combinations. Non-zero helicity amplitudes in the case of vector current, we obtain [11].

−Ht
V (+

1

2
,−1

2
) = Ht

V (−
1

2
,+

1

2
) = f t

V (q
2)
(mΛb

−mΛ)√
q2

√
s+,

−H0
V (+

1

2
,−1

2
) = H0

V (−
1

2
,+

1

2
) = f t

V (q
2)
(mΛb

+mΛ)√
q2

√
s−,

H+
V (+

1

2
,+

1

2
) = H−

V (−
1

2
,−1

2
) = −f⊥

V (q2)
√
s−.

Axial vector current non zero helicity amplitude

Ht
AV (+

1

2
,−1

2
) = −Ht

AV (−
1

2
,+

1

2
) = f t

AV (q
2)
(mΛb

+mΛ)√
q2

√
s−,

H0
AV (+

1

2
,−1

2
) = −H0

AV (−
1

2
,+

1

2
) = f t

AV (q
2)
(mΛb

−mΛ)√
q2

√
s+,

H+
AV (+

1

2
,+

1

2
) = H−

AV (−
1

2
,−1

2
) = −f⊥

AV (q
2)
√
s+.

Tensor current non zero helicity amplitude,

−H0
T (+

1

2
,−1

2
) = H0

T (−
1

2
,+

1

2
) = f0

T (q
2)
√
q2
√
s−,

H+
T (+

1

2
,+

1

2
) = −H−

T (−
1

2
,−1

2
) = f⊥

T (q2)(mΛb
+mΛ)

√
2s−.

Pseudo-Tensor current non zero helicity amplitude,

H0
T5(+

1

2
,−1

2
) = H0

T5(−
1

2
,+

1

2
) = −f0

T5(q
2)
√

q2
√
s+,

H+
T5(+

1

2
,+

1

2
) = H−

T5(−
1

2
,−1

2
) = −f⊥

T (q2)(mΛb
−mΛ)

√
2s+.

These are the helicity amplitude for Λ → Λl+l−. The ten q2 dependent helicity form factor that
are used in Λb → Λ hadronic matrix element are discussed in appendix C in detailed. We use
the form factors from the lattice QCD computation in numerical analysis [4], [5]. The lattice
computations are restricted to two z-parameterizations in order to derive the q2 dependency
and estimate the uncertainties. They are so called nominal fitting and higher order fitting. In
the matrix element these information are buried in form factors. The explicit formulae for the
form factor are written in appendix C [5].
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Helicity Amplitude for Λb → Λl+l−

We write down the form factor of hadronic-matrix-element in helicity basis. We then introduced
the spin matrix element and presented all the possible term. For our amplitude we defined the
helicity amplitude in 3.11, we give all the non zero term that involve the standard model and
new physics wilson co-efficient.

H2
±(±

1

2
,±1

2
) = ±

√
2s−

[(
Ceff
10 + CNP

10 + CNP
10′

)
fV
⊥

]
,

−
√

2s+

[(
Ceff
10 + CNP

10 − CNP
10′

)
fA
⊥

]
,

H1
t (±

1

2
,∓1

2
) = ∓mΛb

−mΛ√
q2

√
s+

(
Ceff
9 + CNP

9 + CNP
9′

)
fV
t ,

− mΛb
+mΛ√
q2

√
s−

(
Ceff
9 + CNP

9 − CNP
9′

)
fAV
t ,

H2
t (±

1

2
,∓1

2
) = ∓mΛb

−mΛ√
q2

√
s+

(
Ceff
10 + CNP

10 + CNP
10′

)
fV
t ,

− mΛb
+mΛ√
q2

√
s−

(
Ceff
10 + CNP

10 − CNP
10′

)
fAV
t ,

H2
0(±

1

2
,∓1

2
) = ∓

√
s−√
q2

(
Ceff
10 + CNP

10 + CNP
10′

)
(mΛb

+mΛ)f
V
0 ,

−
√
s+√
q2

(
Ceff
10 + CNP

10 − CNP
10′

)
(mΛb

−mΛ)f
A
0 ,

H1
0(±

1

2
,∓1

2
) = ∓

√
s−√
q2

(
Ceff
9 + CNP

9 + CNP
9′

)
(mΛb

+mΛ)f
V
0 + 2mbC

eff
7 fT

0 ,

−
√
s+√
q2

(
Ceff
9 + CNP

9 − CNP
9′

)
(mΛb

−mΛ)f
A
0 + 2mbC

eff
7 fT5

0 ,

H1
±(±

1

2
,±1

2
) = ±

√
2s−

[(
Ceff
9 + CNP

9 + CNP
9′

)
fV
⊥ +

2mb

q2
Ceff
7 (mΛb

+mΛ)f
T
⊥

]
,

−
√
2s+

[(
Ceff
9 + CNP

9 − CNP
9′

)
fA
⊥ +

2mb

q2
Ceff
7 (mΛb

−mΛ)f
T5
⊥

]
. (3.13)

We uses these helicity amplitude in the final four fold decay width in section 3.3.

3.2.2 Hadronic Coupling for Λ(u, d, s) → Nπ

In SM, the effective hamiltonian for the Λ → Nπ is

Heff =
4Gf√

2
V ∗
udVus[dγµ(1− γ5)u][uγµ(1− γ5)s]. (3.14)

The parameterization of the hadronic-matrix-element governing the Λπ decay can be expressed
as follows:

⟨p(k1, sN )π−(k2)|d̄γµPLu|ūγµPLs⟩Λ(k, sΛ)

= ⟨ū(k1, sN)|ξγ5 + ωu(k, sΛ)⟩ ≡ H2(sΛ, sN).

.
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Helicity Amplitude for for Λ(u,d,s) → Nπ

The non-zero helicity-amplitude for Λ(u, d, s) → Nπ decay can be deduced from the following
formulae,

Γ2(s
a
Λ, s

b
Λ) =

∑
sN

H2(s
a
Λ, sN )H∗

2 (s
b
Λ, sN ), (3.15)

which yields,

Γ2(+,+) = (1 + α cos θΛ)
ΓΛ

2
,

Γ2(−,−) = (1− α cos θΛ)
ΓΛ

2
,

Γ2(+,−) = −α sin θΛ
ΓΛ

2
,

Γ2(−,+) = −α sin θΛ
ΓΛ

2
. (3.16)

where ΓΛ contain information about phase space of Nπ system that approximately give one
after putting the numerical value [2].

3.3 Four fold differential distribution in the cascade decay

For the given decay, we obtained the helicity amplitude in two steps. We first determine
the decay rates as discussed in appendix A in order to derive the four fold differential decay
distribution and related measurements like the branching ratio, etc. By multiplying the decay’s
amplitudes while taking the conservation of baryon momentum into consideration, the final four-
fold distribution is achieved. By combining the decay amplitude of Λb → Λl+l− and Λ → Nπ,
we get proceed with the general formulae for our ease,

MFF =
∑
sN

H2(s
a
Λ, sN )H∗

2 (s
b
Λ, sN )

∑
sΛb

,sΛ

H i
m(sΛb

, sΛ)H̄
j
n(sΛb

, sΛ). (3.17)

In quantum mechanics, the squared transition matrix components are multiplied by phase
space to get the distributions of angular decay. Phase space for a two-body decay is multiplied
by matrix elements to determine the angular decay distribution for straightforward two-body
decays i.e, Λb → Λl+l−. The matrix elements are multiplied according to equation 3.17 whereas
the phase space is simply multiplied for our four fold differential decay rate. Formulae for
differential decay rate for our two system are given as,

d2Γ

dq2d cos θl
=

G2
F

(2π)3

(
αλt

2π

)2 |k|ν
8m2

Λb[
L1
µν(H

µν
11 +Hµν

22 )−
1

2
L2
µν .(q

2Hµν
11 + (q2 − 4m2

l )H
µν
22 + L3

µν(H
µν
12 +Hµν

21 ))

]
. (3.18)

The final four-fold differential decay rate of Λb → Λ(→ Nπ)l+l− is obtained by multiplying
the amplitude of both part of our decay. The multiplication is taken in accordance with the
kinematics of the state taken into account and also the spin of hadron that are Λb, Λ and N .

d4Γ

dq2d cos θld cos θΛdϕ
=

G2
F

(2π)3

(
αλt

2π

)2 |k|ν
8m2

Λb
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L1
µν

∑
sN

H2(s
a
Λ, sN )H∗

2 (s
b
Λ, sN )

 ∑
sΛb

,sΛ

H1
m(sΛb

, sΛ)H̄
1∗
n (sΛb

, sΛ) +
∑

sΛb
,sΛ

H2
m(sΛb

, sΛ)H̄
2∗
n (sΛb

, sΛ)


−1

2
L2
µν .q

2

∑
sN

H2(s
a
Λ, sN )H∗

2 (s
b
Λ, sN )

∑
sΛb

,sΛ

H1
m(sΛb

, sΛ)H̄
1∗
n (sΛb

, sΛ)


+(q2 − 4m2

l ).L
2
µν .

∑
sN

H2(s
a
Λ, sN )H∗

2 (s
b
Λ, sN )

∑
sΛb

,sΛ

H2
m(sΛb

, sΛ)H̄
2∗
n (sΛb

, sΛ)


+L3

µν

∑
sN

H2(s
a
Λ, sN )H∗

2 (s
b
Λ, sN )

∑
sΛb

,sΛ

H1
m(sΛb

, sΛ)H̄
2∗
n (sΛb

, sΛ)


+L3

µν

∑
sN

H2(s
a
Λ, sN )H∗

2 (s
b
Λ, sN )

∑
sΛb

,sΛ

H2
m(sΛb

, sΛ)H̄
1∗
n (sΛb

, sΛ)

 . (3.19)

We write down the Λ → Nπ spin orientation that modify the equation as follow,

d4Γ

dq2d cos θld cos θΛdϕ
=

G2
F

(2π)3

(
αλt

2π

)2 |k|ν
8m2

Λb

L1
µν

Γ2(s
a
Λ, s

b
Λ)

 ∑
sΛb

,sΛ

H1
m(sΛb

, sΛ)H̄
1∗
n (sΛb

, sΛ) +
∑

sΛb
,sΛ

H2
m(sΛb

, sΛ)H̄
2∗
n (sΛb

, sΛ)


−1

2
L2
µν .q

2

Γ2(s
a
Λ, s

b
Λ)

∑
sΛb

,sΛ

H1
m(sΛb

, sΛ)H̄
1∗
n (sΛb

, sΛ)


+(q2 − 4m2

l ).L
2
µν .

Γ2(s
a
Λ, s

b
Λ)

∑
sΛb

,sΛ

H2
m(sΛb

, sΛ)H̄
2∗
n (sΛb

, sΛ)


+L3

µν

Γ2(s
a
Λ, s

b
Λ)

∑
sΛb

,sΛ

H1
m(sΛb

, sΛ)H̄
2∗
n (sΛb

, sΛ)


+L3

µν

Γ2(s
a
Λ, s

b
Λ)

∑
sΛb

,sΛ

H2
m(sΛb

, sΛ)H̄
1∗
n (sΛb

, sΛ)

 . (3.20)

The complete description and possible terms are given in appendix C from equation C.6 to
equation C.19. This equation can be written in terms of a set of trigonometric functions and
angular coefficients after computing the leptonic and hadronic tensor in their respective frame
of reference discussed in detailed in A.

d4Γ

dq2d cos θld cos θΛdϕ
=

(
K1ss sin

2 θl +K1cc cos
2 θl +K1c cos θl

)
+
(
K2ss sin

2 θl +K2cc cos
2 θl +K2c cos θl

)
cos θΛ

+(K3sc sin θl cos θl +K3s sin θl) sinϕ sin θΛ

+(K4sc sin θl cos θl +K4s sin θl) cosϕ sin θΛ. (3.21)
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3.4 Observable Calculations

For a particular decay the measurable quantities associated are term as ”observable”. Angular
observable are determined experimentally and they are combination of the helicity amplitudes.
These observable are developed such that it minimises theoretical uncertainty arises from form
factor presence in helicity amplitude. This might be a measurement of, the branching ratio, or
a lifespan, forward -backward asymmetry etc. A multi-body decay can have many observables,
but a two-body decay will only have a small number of observable. For our decay the observable
that we calculated are the following

• Branching Ratio
The integration equation from which the differential branching ratio is derived as, are;

dβ

dq2
=

∫ 2π

0

∫ π

0

∫ π

0

d2Γ

dq2d cos θld cos θΛdϕ
(sin θl sin θΛ) dθl dθΛ dϕ, (3.22)

where the formulae are also derived from two fold distribution or angular coefficient in [11]
as,

dβ

dq2
= 2K̂1ss + K̂1cc. (3.23)

• Longitudinal Polarization Fraction FL

The normalized longitudinal fraction is obtained from four fold distribution in equation
3.21 as follow [11],

FL = 2K̂1ss − K̂1cc, (3.24)

where hat means that each angular coefficient is normalized with branching ratio dβ
dq2

.

K̂i =
Ki

2K̂1ss + K̂1cc

. (3.25)

• Not only does it describe the well-known forward-backward asymmetry of the lepton side,
we have following formulae

Al
FB =

3

2
K̂1c. (3.26)

• While the hadron side forward-backward asymmetry is

AΛ
FB =

1

2
(2K̂2ss + K̂2cc). (3.27)

• And the combined forward-backward asymmetry is defined as

AΛl
FB =

3

4
K̂2c. (3.28)

• We also analyze the angular observable

K̂4sc =
K4sc

2K1ss +K1cc
, (3.29)

K̂4s =
K4s

2K1ss +K1cc
, (3.30)

K̂2ss =
K2ss

2K1ss +K1cc
, (3.31)

K̂2cc =
K2cc

2K1ss +K1cc
. (3.32)
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3.4.1 Uncertainty Calculation

The decay rate, although being an essential observable, is impacted by uncertainties resulting
from several input parameters, with form factors being the main contributors. The approach
we outlined in our study to estimate the central values, statistical and systematic uncertainties
for any observable is taken from [5] are as follow,

• Any observable’s uncertainty determined by nominal fit form factor containing a0 and a1
given in equation D.2 in D.2. The central value of any observable and its uncertainty
determined by nominal fit are indicated respectively as,

O, σO. (3.33)

• Any observable’s uncertainty determined by higher order fit form factor containing a0, a1
and a2 given in equation D.3 in appendix D.2. Any observable’s central value at higher
order fit and the uncertainty at higher order fit are indicated respectively as,

OOH, σO,OH. (3.34)

• The systematic and statistical uncertainty are defined and calculated as follow,

σsys = σO, (3.35)

σstat = max
[
|OOH −O|,

√
|σ2

O,OH − σ2
O|
]
. (3.36)

• By adding the squares of each observable and calculating the square root of the sum, the
uncertainty in central value of each observable is determined.

σTotal =
√

σ2
stat + σ2

sys. (3.37)

• Any observable with a nominal fit parameter’s total uncertainty central value is obtained
by adding and subtracting the corresponding σTotal

O ± σTotal.
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Chapter 4

Numerical Analysis

First, we present the numerical value we used for decay of Λb → Λ(→ Nπ)l+l−. We begin by
findings result for the Standard Model (SM). Next, we provide two New Physics (NP) scenarios
using the model-independent approach. We compare our theoretical graphs with experimental
data to finish our analysis. We presented the experimental data, NP analysis, and the SM de-
rived values for each observable in our study.

We give the numerical analysis for the aforementioned observables that are discussed in pre-
vious section i.e. branching ratio, lepton forward-backward asymmetry etc. We provide both
predictions from the standard model and conduct an analysis of new physics that is not model-
dependent. Additionally, we have generated experimental data plots illustrating observations
for certain measurable quantities. The input parameter numerical values such as masses ml,
λt, mΛb

, mΛ etc are used given in table 4.1. The wilson co-efficient, that we have used for our
calculation are given in [4] and numerical formulae are given in Appendix C. Our main objective
is to study the differential decay width and other observable in Λb → Λ(→ Nπ)l+l− in SMEFT
and also the effect of new physics on it and match it with the experimental results.

Table 4.1: Values of the used input parameters.

Constant Values Constant Values

GF 1.166378× 10−5 GeV−2 |VtbV
∗
ts| 0.0397+0.0008

−0.0006

mb 4.18+0.03
−0.02 GeV α(mb) 1/133.28

αs(mb) 0.2233 me 0.0005 GeV
mµ 0.106 GeV mpole 4.91± 0.12 GeV
mMC

µ 1.77± 0.14 GeV µb 5 GeV

mAs 5.619 GeV mA 1.116 GeV
τAb

(1.471± 0.009)× 10−12 s

For standard model calculation of the wilson co-efficient are given in Appendix C. The
leading term that contribute in the calculation come from the C9, C7 and C10. These short
distance contributor are obtained using pertubative method in QCD. The new physics effects
in semileptonic decay can be induced in two ways:

• One case we change operator basis same and change the wilson co-efficient only.

• Other case we can add new operators too.

Model independent approach, is used where all the possible operator (dimension-5 and dimension-
6) are discuss within the standard model and its effect is also studied beyond standard model.
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In our study we have only used the vector and axial vector operator and its chirality flipped
counterpart are used that may be relevent to the new physics. The most general form of the
effective Hamiltonian contains 10 local four fermion interactions which can contribute to the
decay .
By adding NP effect only contribution come from semi leptonic electroweak penguin operator
that contain C9 and C10. Within NP the LFU and LFVU are also taken in account. The central
value for these observable are shown in blue. The red band shows uncertainty upto 1σ that
arises due to form factors parameter we discussed earlier. The green line shows the new physics
scenarios-8 with new physics wilson co-efficient used discussed in section 4.2. The purple line
shows the new physics scenarios-11 with new physics wilson co-efficient used discussed in section
4.2. The uncertainty provided for the Standard-Model predictions is the overall uncertainty,
which includes the statistical and systematic uncertainty from the form factors (propagated to
the observable using the procedure explained in previous section).

4.1 SM Results for Λb → Λ(→ Nπ)l+l−

We calculated the numerical results for branching ratio dβ
dq2

, fraction of longitudinal polarized di-

lepton FL, lepton forward-backward asymmetry’s Al
FB, lepton-hadron forward-backward asym-

metry’s AlΛ
FB, hadron forward-backward asymmetry’s AΛ

FB, along with other observable such as

K̂2ss, K̂2cc, K̂4s, and K̂4sc. The numerical results of all these observable for Low s ranges from
s = smin = 0.102GeV2 to s = 8, and high s ranges from s = 15GeV2 to s = smax = 20.21GeV2

within the SM are shown in figures 4.7. All Λb → Λ(→ Nπ)l+l− angular observables are given
as a function of dilepton invariant mass square q2 calculated in the Standard Model. The bands
correspond to the uncertainties arises as explained in 4. The uncertainty in standard model and
new physics are calculated upto 1σ.
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Figure 4.1: Differential Branching Fraction dβ
dq2

.

• dβ
dq2

(q2): The Λb → Λ(→ Nπ)l+l− decay mode branching ratio is seen to be O(10−7).

The central value at s = 2 is 0.16 × 10−7GeV2 and at s = 8, value is 0.335 × 10−7GeV2

and for high s at s = 15 value is 0.79 × 10−7GeV2. The central values are shown in
purple. The yellow line show maximum and minimum uncertainty calculation in our final
expression in branching fraction. The bands in the graph include all value that lie within
the calculation. Our result are comparable with other literature data [2], [10], [4]. The
Branching ratio calculated in SM are given in equation 3.23
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Figure 4.2: Longitudinal polarization fraction of di-leptons (FL).

• FL(q
2): The Λb → Λ(→ Nπ)l+l− decay mode di-lepton longitudinal polarization is seen

to be 0.851GeV2 at s = 2. At s = 8 FL has value of 0.689GeV2. For high s the di-leptonic
polarization observable has value of 0.476GeV2 at s = 15 and 0.417GeV2 at s = 18. There
is signification deviation for uncertainty band calculation arises from the form factor. Our
result are comparable with other literature data [2], [10], [4]. The FL calculated in SM
are given
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Figure 4.3: Lepton Forward-Backward Asymmetry (Al
FB).

• Al
FB(q

2): The Λb → Λ(→ Nπ)l+l− decay mode lepton forward backward asymmetry is
seen to be 0.110GeV2 at s = 2 and −0.20GeV2 at s = 8. In high s region our calculated
value for s = 15 and s = 18 are −0.361GeV2 and −0.342GeV2 respectively. The uncer-
tainty band is wider for low s and thinner for high s in our calculated results. Our result
are comparable with other literature data [2], [10], [4]. The Al

FB calculated in SM are
given
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Figure 4.4: Lepton Hadron Forward Backward Asymmetry (AlΛ
FB).

• AlΛ
FB(q

2): The Λb → Λ(→ Nπ)l+l− decay mode lepton hadron forward backward asym-
metry is seen to be −0.038GeV2, −0.018GeV2 and 0.073GeV2 at s = 2, s = 3 and s = 8
respectively. Analogous to lepton forward backward asymmetry there is zero crossing
point in this observable. Our result are comparable with other literature data [2], [10], [4].
The AlΛ

FB calculated in SM are given
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Figure 4.5: Hadron Forward Backward Asymmetry (AΛ
FB).

• AΛ
FB(q

2): The Λb → Λ(→ Nπ)l+l− decay mode lepton hadron forward backward asym-
metry is seen to be −0.328GeV2, −0.334GeV2 and 0.354GeV2 at s = 2, s = 3 and s = 8
respectively. For high s otherwise the value are all below zero for example for −0.337GeV2

at s = 15 and 0.279GeV2 at s = 18. All the result are comparable with other literature
data [2], [10], [4]. The AΛ

FB calculated in SM are given
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Figure 4.6: SM Results for K̂2ss, K̂2cc, K̂4sc, and K̂4s.

• K̂2ss, K̂2cc, K̂4s and K̂4sc: In line with these asymmetries, we have also performed cal-
culations for K̂2ss, K̂2cc, K̂4sc, and K̂4s. The central value are shown in blue and band
in yellow which corresponds to uncertainty in form factors. For first observable K̂2cc

numerical value at s = 2, s = 8, s = 15, and s = 18 are −0.049GeV 2, −0.040GeV22,
−0.179GeV2, and −0.168GeV2 respectively. For second observable K̂2ss numerical value
at s = 2, s = 8, s = 15, and s = 18 are −0.303GeV2, −0.314GeV2, −0.247GeV2, and
−0.195GeV2 respectively. For third observable K̂4s numerical value at s = 2, s = 8,
s = 15, and s = 18 are 0.019GeV2, 0.026GeV2, −0.056GeV2, and −0.124GeV2 respec-
tively. For last observable K̂4sc numerical value at s = 2, s = 8, s = 15, and s = 18 are
0.021GeV2, −0.011GeV2, −0.040GeV2, and −0.024GeV2 respectively. The uncertainty
arises from the form factor are clearly shown in red and have broader error band for low q2

and thinner for high q2 region in all of four observable namely K̂2ss, K̂2cc, K̂4s, and K̂4sc.

4.2 NP results for Λb → Λ(→ Nπ)l+l−

Our main task in this study was to investigate NP effect on Λb → Λ(→ Nπ)l+l− decay. New
physics effect appear in these type of decays through the Wilson coefficients via global fit
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analysis or through complete new operator from model-independent approach. All numerical
value and form factor equation remain the same in our calculation of NP. The semi leptonic
decay channel describe by b → sl+l− is very important because they consist of many observable
that we discussed in the previous section. Studying these observable are very beneficial because
they can provide a new testing ground for NP beyond the SM.
As all NP scenarios are expressed in term of wilson co-efficient at µ = 4.8GeV2. We have used
these data from the global fit of the NP wilson co-efficient of electroweak theory via model
independent approach. In [34], they have used three different framework for there calculation
and we have taken their result in our calculation to look for NP effect in our observables. The
NP and SM contribution are separated as Ci = CSM

i + CNP
i + CNP ′

i . The hypothesis we used
we have split the NP and NP-primed contribution into lepton flavor universal (LFU) and lepton
flavor universal violating (LFUV) contributions as,

CNP
i = CNPU

i +CNPV
i , (4.1)

CNP′
i = CNPU’

i +CNPV’
i . (4.2)

In the first scenario that we represent in green color the non zero co-efficient have numerical
value CNPU

9 = −1.25, CNPV
9 = −0.16, and CNPV

10 = 0.16 and all other CNPU ′
9 = CNPV ′

9 =
CNPU
10 = CNPU ′

10 = CNPV ′
10 = 0. In second scenario , CNPV

9 = −0.84, and CNPU ′
10 = −0.15 and

all other CNPU ′
9 = CNPV ′

9 = CNPV
10 = CNPU

10 = CNPV ′
10 = CNPU

9 = 0. The C7 co-efficient has
no contribution in NP they remain the same as calculated for SM.

Table 4.2: Global fit values of Wilson coefficients.

Coefficient Scenario 8 Scenario 11

CNPU
9 -1.25 0

CNPV
9 -0.16 -0.84

CNPU
9′ 0 0

CNPV
9′ 0 0

CNPU
10 0 0

CNPV
10 0.16 0

CNPU
10′ 0 -0.15

CNPV
10′ 0 0
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Figure 4.7: NP Results for Branching Fraction dβ
dq2

.

• The Λb → Λ(→ Nπ)l+l− decay mode branching ratio in NP is seen to be reduced from
our SM calculation. Two NP scenario are shown in red and green colour and the result
variate from SM data. We have use data from scenario 8 and 11 of table 9 in [34]. The
detailed of these scenario are given in [34]. The branching ratio result in NP for low s are
clearly shown in red and blue. The blue graph with central value of the observable are the
one which are subtracted from central value of NP. The added one in red are above the
central blue plot. Band gap or error gap for SM and two NP scenario are clearly visible
in figure. For high s two NP scenario values lie below the SM. The lower value for green
and higher value for purple overlap with each other. Our result are comparable with other
literature data [2], [10], [4]. For low s the result of SM and NP also match while for high
s the NP lie below the SM.
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Figure 4.8: NP Results for the Longitudinal Polarization fraction of di-Leptons (FL).

• The Λb → Λ(→ Nπ)l+l− decay mode Di-lepton longitudinal polarization is seen to be
almost similar result for high s. Two NP scenario overlap with SM calculation for high s.
For s value less than 8 there is small difference. Result for green lie below the central red
plot while for purple they lie with in the SM error gap. Our result are comparable with
other literature data [2], [10], [4]. The FL calculated in SM and NP scenario are given in
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Figure 4.9: NP Results for Lepton Forward Backward Asymmetry (Al
FB).

• The Λb → Λ(→ Nπ)l+l− decay mode lepton forward backward asymmetry is seen to be
reduced at low and high s. For SM the central value are given in the previous section.
For this observable the NP scenario value are both above the central purple plots. The
low s region for red plot almost overlap with the central value of the angular observable
Al

FB. For high s the variation in SM and NP are quite different. The band gap for high s
has less thickness and so for NP scenario. The purple are above the SM plot where green
lower value overlap with the SM calculation. There is also zero crossing point in both NP
calculation. Our result are comparable with other literature data [2], [10], [4]. The Al

FB

calculated in SM and NP are given

38



0 5 10 15 20
-0.3

-0.2

-0.1

0.0

0.1

0.2

0.3

q2[GeV2]

A
lΛ
F
B

Figure 4.10: NP Results for Lepton Hadron Forward Backward Asymmetry (AlΛ
FB).

• The Λb → Λ(→ Nπ)l+l− decay mode lepton hadron forward backward asymmetry is seen
to be less difference between low and high s. NP calculation for low s lie below central
value of AlΛ

FB in SM. Calculation for purple overlap in the lower error region of SM. For
green the error plot and their gaps lie below the SM calculated value. For high s the result
have very clear variation between the SM calculation and NP. For high s all NP calculation
reduced for all q2. All the NP scenarios are distinguishable from the SM prediction at
more than 1σ in the high q2 region.
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Figure 4.11: NP Results for Hadron Forward Backward Asymmetry (AΛ
FB).

• The Λb → Λ(→ Nπ)l+l− decay mode hadron forward backward asymmetry in NP have
almost similar result for all q2 region both the low and high. Our calculated value for low s
region for example s = 2, s = 3, and s = 8 is −0.328GeV2, −0.334GeV2, and −0.354GeV2

respectively. For high q2 region at s = 15 is −0.337GeV2 and s = 18 is −0.279GeV2. For
NP scenario that are describe in previous section the result are exactly similar to SM
result both at low s and high s.
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Figure 4.12: NP prediction for K̂2ss, K̂2cc, K̂4sc, and K̂4s.

• In addition with these asymmetries, we have also performed calculations in SM for four
other observable. We incorporated NP scenario and find the following four observable
and there variation from SM data. For K4sc the NP and SM results completely matched.
They overlap with each other and have no variation. For K̂4s the uncertainty band at
low s is less than in the SM where at high s the NP result are higher and both the NP
scenario overlap. For K̂4s the NP scenario results lie within the central plot of SM and
the lower error plot in red. The K̂2ss and K̂2cc high s value for SM and NP are similar
while for low s they are slightly different as shown in purple and green. For low region
in q2 the NP scenario have slight variation from SM. For high q2 region three observable
K̂2ss, K̂2cc, and K̂4sc have exactly similar calculation and numerical value for both NP
scenarios and SM.
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Chapter 5

Conclusions

We have examined the four-fold differential decay distribution of the semi-leptonic Λb → Λ(→
Nπ)l+l− decay. At the quark level the decay transition is from b → s that are flavor changing
neutral current transition. These FCNC transitions are forbidden at tree level, we move to one
loop level, i.e. penguin diagram in our case. We have defined the kinematics of our decay and
write down the hamiltonian from OPE. We get our final differential four fold decay distribution
as follow,

d4Γ

dq2d cos θld cos θΛdϕ
=

(
K1ss sin

2 θl +K1cc cos
2 θl +K1c cos θl

)
+
(
K2ss sin

2 θl +K2cc cos
2 θl +K2c cos θl

)
cos θΛ

+(K3sc sin θl cos θl +K3s sin θl) sinϕ sin θΛ

+(K4sc sin θl cos θl +K4s sin θl) cosϕ sin θΛ. (5.1)

The hamiltonian that we have used is obtained from OPE that divides it into two part i.e.,
short distance physics includes the wilson co-efficients and long distance part involves the local
operators. The former are calculated within the SM via pertubative QCD from loop diagram
where the later are obtained via non-pertubative QCD in this case lattice QCD is used. A 4-fold
differential decay width of Λb → Λ(→ Nπ)l+l− is obtained in two steps, Λb → Λl+l− followed
by Λ(→ Nπ). The four fold differential distribution equation is then obtained by multiplying
both amplitude part of the decay with spin and polarization orientation taken in accordance
with the kinematics of the decay.
The first step is obtaining the two fold distribution decay rate of Λb → Λ transitions. The
hadronic matrix element of this part is defined in helicity basis. We get ten q2 dependent form
factor for this part describe in section 3.2.1. The non-zero helicity amplitude are written down
for given spin orientation and spinor matrix element in equation 3.13. The form factors, which
have been used are calculated using lattice QCD [35]. The Wilson co-efficients are taken from
literature [18]. The two fold distribution Λb → Λl+l− is given in equation 3.18. Second step is
calculating non zero helicity amplitudes of Λ(→ Nπ). The detail is given in section 3.2.2. The
final result that is shown in equation 5.1 is discussed in detailed in section 3.3.
For new physics we have used the standard effective field theory formalism with dimension six
operators. The wilson co-efficient operator can in principle provides correlated NP effects in
these observables. In order to obtain more accurate result for these observables, we also incor-
porated the NP result in our final expression and saw its effect on the listed observables [3]. NP
scenarios are expressed through contributions to the Wilson coefficients and global fits analysis
is used to assess which scenarios can describe the pattern of deviations observed. For each of
these co-efficient, we have employed NP and NP primed part and also addition of lepton flavor
universality and lepton flavor universality violation as discussed in chapter 3. We have used
recent data accumulated from paper [34], where NP scenarios contribute to vector and axial
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vector current only.
Our main task was to investigate the difference between the standard model and NP scenario
effect on the calculated observable i.e, branching ratio ( dβ

dq2
), longitudinal polarization fraction

of dilepton (FL), lepton forward backward asymmetry (Al
FB), hadron forward backward asym-

metry (AΛ
FB), combined forward backward asymmetry (AlΛ

FB), (K̂2cc), (K̂2cc), (K̂4sc), and (K̂4c).
These are all obtained using the four fold distribution decay equation, and the results within
SM are computed in accordance with other literature. The final graphs display the contribution
of NP together with its outcome on our computed observable, colored in red and green.
In conclusion, our study of b → s quark transition, in decay of Λb → Λ(→ Nπ)ℓ+ℓ−, provides
significant insights into flavor-changing neutral currents and their potential to probe new physics
beyond the Standard Model. While the Standard Model predicts these transitions to occur at
loop-level with the exchange of W bosons, our model-independent analysis allows for the investi-
gation of beyond the Standard Model occurrences by examining various observables. Deviations
in angular observables like branching ratio, lepton forward-backward asymmetry etc, from the
Standard Model predictions could reveal new physics. These deviations are crucial for identi-
fying possible contributions from new heavy particles, thereby extending our understanding of
fundamental interactions.
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Appendix A

Detail on the Kinematics

In this part we describe the kinematics of the decay Λb → Λ(→ Nπ)l+l− and also the polariza-
tion vector associated with each particle.

A.1 Di-lepton rest frame

The angle θl is defined as the angle between the leptons and the z-axis. The lepton system is
decaying on the xz-axes. The four momentum in the ll-CM frame are [9].

pµl1 = {+Ed,+pl sin(θl) cos(ϕ),+pl sin(θl) sin(ϕ),+pl cos(θl)} ,

pµl2 = {+Ed,−pl sin(θl) cos(ϕ),−pl sin(θl) sin(ϕ),−pl cos(θl)} . (A.1)

With Ed = d
2 , βl =

√
1− 4ml2

d2
, and pl =

d
2βl. The polarization vector in this frame are defined

as

ϵµ(0) = (0, 0, 0, 1), ϵµ(t) = (1, 0, 0, 0), ϵµ(±) =
1√
2
(0,∓1,−ι, 0). (A.2)

A.2 Λb rest frame

The four momentum of Λb(p), λ(k) and Jeffective → l+l− are defined in the rest frame of Λb(p)
as follow [9]

pµ = (mΛb
, 0, 0, 0),

kµ = (Ef , 0, 0, k), (A.3)

qµ = (q0, 0, 0,−k).

where Ef = (
m2

Λb
+m2

Λ−q2

2mΛb
), q0 = (

m2
Λb

−m2
Λ+q2

2mΛb
) and k =

√
E2

f −m2
Λ

Polarization vector in Λb rest frame can be read as follow,

ϵµ(t) =
1√
q2

(q0, 0, 0, k),

ϵµ(±) =
1√
2
(0,∓1,−ι, 0), (A.4)

ϵµ(0) =
1√
q2

(k, 0, 0, q0).
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φ θΛ  θl

N
l-

l+π

Je� Λb Λ
-z

+z

Figure A.1: Λb → Λ(→ Nπ)l+l− decay kinematics with θl, θΛ are angle between the z-axis
and flight axis of Di-leptons and Nπ system respectively where ϕ is azimuthal angle or angle
between the plane of flights.
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A.3 Nπ System

The invariant-mass-squared of Nπ-system is designated as m2
Λ. Additionally, it may be distin-

guished by the azimuthal angle ϕ, produced between the decay plane of the Nπ-system and that
of l+l− the xz-plane. From the kinematics k1 and k2 is four momentum of N and π respectively
and are

kµ1 = (EN ,−kN sin θΛ, 0,+kN cos θΛ),

kµ2 = (Eπ,+kN sin θΛ, 0,−kN cos θΛ). (A.5)

with the term defined as ∣∣∣⃗kN ∣∣∣ =
√

λ(k2,m2
N ,m2

π)

2
√
k2

≡ βNπ

2
√
k2

,

βNπ =

√
λ

(
1,

m2
N

k2
,
m2

π

k2

)
,

EN =

√
m2

N + β2
Nπk

2

4
,

Eπ =

√
m2

π + β2
Nπk

2

4
. (A.6)

The Källén function, defined as λ(a, b, c) = a2 + b2 + c2 − 2(ab+ ac+ bc).

A.4 Partial Decay Rate

The general form of the Fermi golden rule is used to calculate the decay rate for two particle
decay [36].

Γfi =
1

2M

∫
|Mfi|2dϕ2.

The decay’s matrix component is called |Mfi|2. dϕ2 is the phase space for two particle decay in
the initial particle’s rest frame and is given by [25],

dϕ2 = (2π)4δ(M − E1 − E2)δ
3(p21 + p22)

d3p1
2E1(2π)3

d3p2
2E2(2π)3

.

Where M is the mass of the initial particle, which will decay into two particles with p1 and p2
momentum in M rest frame. Now insert dϕ2 in decay rate equation

Γfi =
1

2M

∫
|Mfi|2(2π)4δ(M − E1 − E2)δ

3(p21 + p22)
d3p1

2E1(2π)3
d3p2

2E2(2π)3
.

Cancelling the same terms, we get,

Γfi =
1

8Mπ2

∫
|Mfi|2δ(M − E1 − E2)δ

3(p21 + p22)
d3p1
2E1

d3p2
2E2

.
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Evaluating the Dirac delta function in the above integral we get p1 = −p2, δ
3(p21+ p22) term will

vanish the d3p2 and we will get

Γfi =
1

2M

∫
|Mfi|2δ(M − E1 − E2)

d3p1
2E1(2π)2

.

As E2
1 = m2

1 + p21 and E2
2 = m2

2 + p22 and also from conservation of momentum p1 = −p2, so
E2

1 = m2
1 + p21 and E2

2 = m2
2 + p21, converting into spherical coordinate we get

d3p1 = p21sinθdp1dΦ = p21dp1dΩ. (A.7)

Plug in equation we have now

Γfi =
1

2M(2π)2

∫
|Mfi|2δ(M − E1 − E2)

p21dp1dΩ

2E12E2
.

Putting value of E1 andE2 in the delta function we have

Γfi =
1

2M(2π)2

∫
|Mfi|2δ(M −

√
m2

1 + p21 −
√
m2

2 + p22
p21dp1dΩ

4E1E2
.

This integral cannot be evaluated simply we will convert into functional form by putting

gp1 =
p21

4E2E1
,

and also,

f(p1) = M −
√
m2

1 + p21 −
√

m2
2 + p22,

we get,

Γfi =
1

2M(2π)2

∫
|Mfi|2δ(f(p1)g(p1))dp1dΩ.

The (p1)) imposes the energy conservation on the equation and the term is only zero if p1 =
p∗.where is p∗ solution of δ(f(p∗)). The integral can be evaluated using the property of Dirac
delta function. ∫

|Mfi|2δ(f(p1)g(p1))dp1dΩ = |Mfi|2g(p∗)|
df

dp1
|−1,

| df
dp1

| = d(M −
√
m2

1 + p21 −
√
m2

2 + p21)

dp1
,

| df
dp1

| = − p1√
m2

1 + p21
− p1√

m2
2 + p21

,
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| df
dp1

| = p1(
1

E1
+

1

E2
),

| df
dp1

| = p1(
E1 + E2

E1E2
),

| df
dp1

|−1 = p1(
E1E2

E1 + E2
),

g(p∗) =
p∗1

4E2E1
,

we plug in the following equation

Γfi =
1

2M(2π)2

∫
|Mfi|2δ(f(p1)g(p1))dp1dΩ,

Γfi =
1

2M(2π)2

∫
|Mfi|2

1

p∗1

E1E2

E1 + E2

p2∗1
4E1E2

dΩ,

Γfi =
1

2M(2π)2
p∗1
4M

∫
|Mfi|2dΩ. (A.8)

Hence the general expression for any two-body phase space is,

p∗1
32π2M2

∫
|Mfi|2dΩ, (A.9)

p∗ =
1

2

√
(M2 − (m2

1 +m2
2))

2(M2 − (m2
1 −m2

2))
2. (A.10)
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Appendix B

Leptonic Tensor

For Lµν
1 = p1µp2ν + p2µp1ν the possible non zero combination after contraction with the polar-

ization vector of the dilepton system we have following formulae. Where all other combination
are zero.

p1µϵ
µ(0)p2νϵ

†ν(0) + p2µϵ
µ(0)p1νϵ

†ν(0) = −1

2
d2β2

l cos θl,

p1µϵ
µ(0)p2νϵ

†ν(±) + p2µϵ
µ(±)p1νϵ

†ν(+) = ± 1

2
√
2
d2β2

l cos θl sin θle
∓ιϕ,

p1µϵ
µ(t)p2νϵ

†ν(t) + p2µϵ
µ(t)p1νϵ

†ν(t) =
d2

2
,

p1µϵ
µ(±)p2νϵ

†ν(+±) + p2µϵ
µ(±)p1νϵ

†ν(±) = ±1

4
d2β2

l sin
2 θl,

p1µϵ
µ(±)p2νϵ

†ν(0) + p2µϵ
µ(±)p1νϵ

†ν(0) = ± 1

2
√
2
d2β2

l cos θl sin θle
±ιϕ,

p1µϵ
µ(±)p2νϵ

†ν(∓) + p2µϵ
µ(±)p1νϵ

†ν(∓) =
1

4
d2β2

l sin
2 θle

±2ιϕ. (B.1)

We have the following equations for Lµν
2 = ιϵαβµνp1αp2βϵµϵ

†
ν , which is the feasible non zero

combination after contraction with the polarization vector of the dilepton system.

ιϵαβµνp1αp2βϵµ(0)ϵ
†
ν(±) =

√
2d2βl sin θle

∓ιϕ,

ιϵαβµνp1αp2βϵµ(±)ϵ†ν(±) = ∓2d2βl cos θl,

ιϵαβµνp1αp2βϵµ(±)ϵ†ν(0) = −
√
2d2βl sin θle

±ιϕ. (B.2)

For Lµν
3 = ϵµϵνgµν the possible non zero combination after contraction with the polarization

vector of the dilepton system we have following formulae. Where all other combination are zero.

ϵµ(0)ϵ†ν(0)gµν = −1,

ϵµ(t)ϵ†ν(t)gµν = 1,

ϵµ(+)ϵ†ν(+)gµν = 1,

ϵµ(−)ϵ†ν(−)gµν = 1. (B.3)
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Appendix C

Hadronic Part

In this appendix we presented the spinor, current for Λb and Λ particle, and also the four fold
helicity result.

C.1 Hadronic Spinor Representation

We have utilized explicit formulas for the Dirac spinors that describe baryons with a particular
momentum to compute the different helicity amplitudes.

u(p, s = +
1

2
) =

1√
2(p0 +m)


+(p0 +m− |p⃗|) cos

(
θ
2

)
+(p0 +m− |p⃗|) sin

(
θ
2

)
e+iϕ

+(p0 +m+ |p⃗|) cos
(
θ
2

)
+(p0 +m+ |p⃗|) sin

(
θ
2

)
e+iϕ

 , (C.1)

u(p, s = −1

2
) =

1√
2(p0 +m)


−(p0 +m+ |p⃗|) sin

(
θ
2

)
e−iϕ

+(p0 +m+ |p⃗|) cos
(
θ
2

)
−(p0 +m− |p⃗|) sin

(
θ
2

)
e−iϕ

+(p0 +m− |p⃗|) cos
(
θ
2

)
 . (C.2)

C.2 Hadronic Spinor Bilinears

In order to acquire the helicity amplitudes describing the transitions Λb → Λ with scalar, pseudo
scalar, vector, or axial vector currents, we obtained the following combination

u(k,±1

2
)ūb(p,±

1

2
) = 0,

ū(k,±1

2
)ub(p,∓

1

2
) = ±√

s+,

ū(k,±1

2
)γ5ub(p,±

1

2
) = 0,

ū(k,±1

2
)γ5ub(p,±

1

2
) = −√

s−. (C.3)

and for vector and axial-vector currents, we obtain

ū(k,±1

2
)γµub(p,±

1

2
) = ∓

√
2s−ϵ

µ(±),

ū(k,±1

2
)γµub(p,∓

1

2
) = ±(

√
s+, 0, 0,−

√
s−),
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ū(k,±1

2
)γµγ5ub(p,±

1

2
) = −

√
2s+ϵ

µ(±),

ū(k,±1

2
)γµγ5ub(p,∓

1

2
) = (

√
s−, 0, 0,−

√
s+). (C.4)

C.3 Four Fold Distribution Final Spin Orientation

As we have derived our formulae for fold distribution on term of hadronic and leptonic helicity
amplitude. The leptonic possible combination and their result are given in previous appendix.
In this we have given detailed of hadronic spin and there possible non zero combination only
from the kinematic describe in figure A.1. The equation can be changed if the kinematics of the
particle changed but there should be no effect on the final expression of amplitude and all the
observable that we have calculated. Let write the formulae and the result are just multiplied
with the leptonic part in the end.

Γ2(s
a
Λ, s

b
Λ)

∑
sΛb

,sΛ

H i
m(sΛb

, sΛ)H̄
j∗
n (sΛb

, sΛ). (C.5)

• m = n = t,

=

(
Γ2(−

1

2
,−1

2
)H i

t(+
1

2
,−1

2
)Hj∗

t (+
1

2
,−1

2
) + Γ2(+

1

2
,+

1

2
)H i

t(−
1

2
,+

1

2
)Hj∗

t (−1

2
,+

1

2
)

)
.

(C.6)

• m = t, n = 0,

=

(
Γ2(−

1

2
,−1

2
)H i

t(+
1

2
,−1

2
)Hj∗

0 (+
1

2
,−1

2
) + Γ2(+

1

2
,+

1

2
)H i

t(−
1

2
,+

1

2
)Hj∗

0 (−1

2
,+

1

2
)

)
.

(C.7)

• m = t, n = +,

=

(
Γ2(−

1

2
,+

1

2
)H i

t(+
1

2
,−1

2
)Hj∗

+ (+
1

2
,+

1

2
)

)
. (C.8)

• m = t, n = −,

=

(
Γ2(+

1

2
,−1

2
)H i

t(−
1

2
,+

1

2
)Hj∗

− (−1

2
,−1

2
)

)
. (C.9)

• m = 0, n = t,

=

(
Γ2(−

1

2
,−1

2
)H i

0(+
1

2
,−1

2
)Hj∗

t (+
1

2
,−1

2
) + Γ2(+

1

2
,+

1

2
)H i

0(−
1

2
,+

1

2
)Hj∗

t (−1

2
,+

1

2
)

)
.

(C.10)

• m = n = 0,

=

(
Γ2(−

1

2
,−1

2
)H i

0(+
1

2
,−1

2
)Hj∗

0 (+
1

2
,−1

2
) + Γ2(+

1

2
,+

1

2
)H i

0(−
1

2
,+

1

2
)Hj∗

0 (−1

2
,+

1

2
)

)
.

(C.11)
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• m = 0, n = +,

=

(
Γ2(−

1

2
,+

1

2
)H i

0(+
1

2
,−1

2
)Hj∗

+ (+
1

2
,+

1

2
)

)
. (C.12)

• m = 0, n = −,

=

(
Γ2(+

1

2
,−1

2
)H i

0(−
1

2
,+

1

2
)Hj∗

− (−1

2
,−1

2
)

)
. (C.13)

• m = +, n = t,

=

(
Γ2(+

1

2
,−1

2
)H i

+(+
1

2
,+

1

2
)Hj∗

t (+
1

2
,−1

2
)

)
. (C.14)

• m = +, n = 0,

=

(
Γ2(+

1

2
,−1

2
)H i

+(+
1

2
,+

1

2
)Hj∗

0 (+
1

2
,−1

2
)

)
. (C.15)

• m = n = +,

=

(
Γ2(+

1

2
,+

1

2
)H i

+(+
1

2
,+

1

2
)Hj∗

+ (+
1

2
,+

1

2
)

)
. (C.16)

• m = −, n = t,

=

(
Γ2(−

1

2
,+

1

2
)H i

−(−
1

2
,−1

2
)Hj∗

t (−1

2
,+

1

2
)

)
. (C.17)

• m = −, n = 0,

=

(
Γ2(−

1

2
,+

1

2
)H i

−(−
1

2
,−1

2
)Hj∗

0 (−1

2
,+

1

2
)

)
. (C.18)

• m = n = −,

=

(
Γ2(−

1

2
,−1

2
)H i

−(−
1

2
,−1

2
)Hj∗

− (−1

2
,−1

2
)

)
. (C.19)

The only non zero combination are m = +, n = − and m = −, n = +.
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Appendix D

Related Formulae

In this section we have describe the formulae for wilson co-efficient and the form factor

D.1 Wilson Coefficient

We provide the formulations of these Wilson coefficients, which we employed in our study, for
the computation [10].

C7
eff(q

2) = C7 −
1

3

(
C3 +

4

3
C4 + 20C5 +

80

3
C6

)
− αs

4π

[
(C1 − 6C2)F

(7)
1,c(q

2) + C8F
(7)
8 (q2)

]
,

C9
eff(q

2) = C9 +
4

3

(
C3 +

16

3
C5 +

16

9
C6

)
− h(0, q2)

(
1

2
C3 +

2

3
C4 + 8C5 +

32

3
C6

)
−h(mb

pole, q
2)

(
7

2
C3 +

2

3
C4 + 38C5 +

32

3
C6

)
+h(mc

pole, q
2)

(
4

3
C1 +C2 + 6C3 + 60C5

)
−αs

4π

[
C1F

(9)
1,c(q

2) + C2F
(9)
2,c(q

2) + C8F
(9)
8 (q2)

]
. (D.1)

the functions are defined ash(mb
pole, q

2) with q=c, b, and functions F
(7)
8 (q2) are defined in [8],

while the functions F
(7,9)
2,c (q2) and F

(7,9)
1,c (q2) are given in [7] for low s while for high s these

formulae are given in [37].

D.2 Form Factors

The parameterization in the ”nominal fit” are

f(q2) =
1

1− q2

(mf
pole)

2

[
af0 + af1z(q

2, t+)
]
. (D.2)

The parameterization in the ”higher order fit” are

f(q2) =
1

1− q2

(mf
pole)

2

[
af0 + af1z(q

2, t+) + af2(z(q
2, t+))

2
]
, (D.3)
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where z(q2, t+) are defined as

z(q2, t+) =

√
t+ − q2 −

√
t+ − t0√

t+ − q2 +
√
t+ − t0

, (D.4)

with t+ = (mΛb−mΛ
)2 and t0 = (mB + mK)

2. All masses and the values of the fit parameters
for nominal fit and higher order fit are obtained from [4].
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